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1 Introduction

The standard model effective field theory (SMEFT) provides the most general parametrization
on all possible Lorentz-invariant new physics, encoded in the Wilson coefficients of the effective
operators, see refs. [1, 2] for recent review. These effective operators are written based on the
standard model field building blocks, following the Lorentz and gauge symmetry. They are
organized order by order via the canonical mass dimension and they form the complete and
independent basis at each order, and the operator basis has been enumerated up to dimension
9 and higher [3–12], for generic procedure to all order, see ref. [13]. After obtaining the
complete basis of effective operators, the next question would be what kinds of new physics
should be identified for each type of effective operators. Current experimental data show
null results on new physics searches, which indicates experimental constraints on the Wilson
coefficients of the SMEFT operators, e.g. ref. [14] for a global analysis. Once future data
exhibit significant deviation from the SM prediction, the corresponding effective operator
should be specified and their Wilson coefficients can thus be determined.

There are usually two ways to find the connection between the effective operators and
their possible UV origins: the top-down approach and the bottom-up approach. In the
top-down approach, a well-motivated UV model is specified with field contents and symmetry,
and there are scale separation between new particles and SM particles. Then one performs
the matching procedure by integrating out the heavy degrees of freedom in this model, and
obtains the non-vanishing Wilson coefficients for some effective operators, which is a subset of
the complete and independent operators. In this approach, it is easy to systematically identify
all possible effective operators corresponding to single UV model. However, it is quite difficult
to find all the possible UV origins of effective operator without performing an exhaustive
search of various possible UV models, which is very time-consuming and error-prone due to
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the large variety of UV models. The work along this direction includes the classification of
the tree-level and loop-level generated operators [15–22], the complete tree-level and one-loop
dictionary for the dimension-6 operators [23, 24], and the dimension-7 operators [25], etc.

In the bottom-up approach, the aim is to find all the possible UV origins of an effective
operator without writing down explicit UV Lagrangian, and it can be realized by examining
the Lorentz and gauge quantum numbers for the contact on-shell amplitudes generated by
the J-basis operators, proposed in ref. [26]. This approach is made possible by introducing
the J-basis of the effective operators [26–28], together with the whole mechanism of Young
tensor method [8, 10, 13, 29–31] including the operator reduction procedure. It is well-known
that a lot of equivalence relations exist among the effective operators, and thus we have a
large variety of different operator bases to choose from. One way to choose the basis, which
results in the J-basis, is to find the eigenstates of all the symmetry groups, including the
Poincaré group and the internal symmetry groups, when their algebra act on a “partition”
of the external particles. The J in the name J-basis comes from the frame-independent
angular momenta of an operator with respect to a partition defined by the Casimir W 2 of
the Poincaré group. From the perspective of looking for UV origins of effective operators,
the J-basis has the privilege that the quantum numbers of the possible UV resonances in a
particular tree partition are fixed by the corresponding quantum numbers of the amplitude
and the associated operator. Therefore, it becomes straightforward to deduce the possible
resonances in the UV origin of an operator.

In this paper, we for the first time clarify the conventions for the couplings involving
massive particles of spin J ≥ 1. First, for these higher-spin massive fields in the Lagrangian,
there are different choices of gauge for their couplings to the other fields that lead to different
conclusions regarding whether they are responsible for certain low-energy effective operators.
In particular, the source they couple to can also be decomposed into different irreducible
tensors with certain spins, while the components with mismatched spins can always be
converted to operators without these fields via a field redefinition. For example, the current
coupling to a vector field can be decomposed into a conserved current and a total derivative,
the latter being a spin-0 component and can be removed. This prescription is related to the
on-shell amplitude/operator correspondence [8, 32, 33], as the couplings with non-conserved
current does not produce on-shell spin-1 particle. It also leads to the justification of our
J-basis algorithm, since the spin-0 coupling generates J = 0 amplitude and the corresponding
J = 0 effective operator at low energy, not a J = 1 operator indicated by the resonance as it
cannot be generated on-shell. Second, we enumerate the tree-level couplings involving massive
particles of spin J ≥ 1 in the UV theory in terms of the external particle species. We adopt
the canonically normalized fields for all the particles, so that the bosons are all dimension-1
and the fermions are all dimension-3/2. Based on these tree-level couplings, we could classify
the effective operators into tree-level generated and loop-induced, which is an important piece
of information in phenomenology. Thirdly, we resolve the subtleties related to the generation
of the operator by field redefinitions. We build a diagrammatic correspondence between the
operator generation via field redefinition and the substitution of the heavy resonance with
SM particles of the same quantum numbers in the tree diagram. In this way, from a seed UV
theory obtained by our ordinary J-basis analysis, one can recursively remove relevant heavy

– 2 –



J
H
E
P
0
5
(
2
0
2
4
)
2
3
8

resonances in the diagram to obtain a series of UV theories that can generate the operator
under analysis via field redefinition after the top-down matching.

For the convenience of our readers, we have created a database in the form of a
Mathematica package that stores all possible tree-level UV theories for each dimension-
8 operator in the arXiv webpage. Each UV theory is defined by a list of new fields and new
interactions, with interactions colored in red if their possible minimal dimension is greater
than 4 according to our convention. Using this database, we have identified a total of 146 (82)
UV resonances that can participate in the generation of dimension-8 operators at the tree level
when the maximum allowed interaction dimension is set to 5 (4). Among these resonances,
88 (35) are new and not previously involved in the tree-level generation of dimension-6 and
dimension-7 operators [23, 26]. However, for those restricted to a maximum dimension-4
UV interactions, all 35 of the new resonances alone are incapable of generating dimension-8
operators. They must accompany at least one other resonance that also contributes to
dimension-6 or dimension-7 operators.

This paper is organized as follows. In section 2, we review the basic knowledge of our
Young Tensor method, with emphasis on the method of construction of j-basis operator. In
section 3, we explain the meaning of renormalizable operators and tree-level interactions
in an on-shell convention, and list all the amplitude form for renormalizable 3-pt and 4-pt
interactions involving different number of massive particles. In section 3 we also explain how
to include those UV theories that generate a given operator via field redefinition. In section 4,
we summarize the procedure for obtaining a complete set of UV theories for a given operator
type using the updated J-basis analysis and introduce a database with auxiliary functions to
extract all the UV theories related to a given operator in the form of a Mathematica package.
In the meantime, we list the operator types that must be generate with at least one new UV
resonance, the list of UV theoreies that does not generate dimension 6 operators, and finally
the detailed information for the J-basis for each operator type. We conclude in section 5.

2 Brief review on J-basis and UV correspondence

In our previous work [26], we introduced a systematic method to obtain UV resonances
by construction of j-basis of SMEFT. In this section, we briefly review basic knowledge
of operator basis construction, especially the j-basis. The operator j-basis gives quantum
numbers of partial wave expansion of an operator type, including partial wave of its kinematic
and gauge structure. The quantum numbers stand for possible UV resonances of a scattering
channel, which is the j-basis/UV correspondence.

2.1 Operator-amplitude correspondence and operator bases

The SMEFT operators are classified by dimension, class and type. An operator class shows
helicities of each field and the number of derivatives, while a type also includes gauge quantum
numbers of each field. A systematic method of constructing a non-redundant operator basis
was introduced in [8, 10]. The method involves the operator-amplitude correspondence and
a generalized Young diagram method. The operator-amplitude correspondence is based on
the Fourier transformation of a field. For example, a derivative ∂ becomes a momentum
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p after the Fourier transformation. This feature allows us to construct an amplitude basis
instead of directly constructing an operator basis, so that we can apply all the properties
of an on-shell amplitude. The generalized Young diagram method is originated from tensor
representation of the Poincaré and gauge groups.

2.1.1 Operator-amplitude correspondence

There is a one-to-one map between contact amplitudes and irrelevant EFT operators, also
shown in [8, 10, 26, 32]. A following problem comes from the covariant derivative D, causing
a condition that one operator probably contributes to several vertices. Therefore we only pay
attention to the leading vertex with minimal fields, treating D as ∂, and Fµν as ∂µAν − ∂νAµ.
The two other redundancies of operators, integration by part (IBP) and equation of motion
(EoM), can be erased automatically by on-shell amplitude basis construction. To be more
specific, the on-shell operator-amplitude correspondence is an isomorphism between the linear
spaces of irrelevant operators and independent contact amplitudes. Thus the key idea is (i)
to find the map between the building blocks of operators and amplitudes, (ii) to construct an
independent amplitude basis, so that we obtain an independent operator basis.

We start with the building blocks of operators and amplitudes, which are the represen-
tations of the Lorentz group SO(3, 1) ∼ SL(2,C) = SU(2)l × SU(2)r and the gauge group
SU(3)C ⊗ SU(2)W ⊗U(1)Y . The operator building blocks of the Lorentz symmetry are

Irrep (0, 0) (1
2 , 0) (0, 1

2) (1, 0) (0, 1) (1
2 ,

1
2)

Operator block ϕ ψ ψ† FL = 1
2(F + iF̃ ) FR = 1

2(F − iF̃ ) D
(2.1)

Meanwhile the amplitudes are expressed in the spinor-helicity formalism, where a massless
particle i of helicity hi gives λri−hi

i λ̃ri+hi
i . A Lorentz singlet can be determined by a proper

set of {hi, ri}. Also, since pi = λiλ̃i ∼ (1
2 ,

1
2) ∼ D, the following translation can be inferred

Amplitude Block λri
i λ̃

ri
i λ

ri+1/2
i λ̃

ri−1/2
i λ

ri−1/2
i λ̃

ri+1/2
i λri+1

i λ̃ri−1
i λri−1

i λ̃ri+1
i

Operator Block Driϕi Dri−1/2ψi Dri−1/2ψ†
i Dri−1FL Dri−1FR

. (2.2)

The translation implies that the covariant derivative commutator (CDC) is treated as a
Lorentz redundancy and eliminated, which satisfies the choice of leading vertex. The amplitude
blocks show that helicity indices of the derivatives on a field are symmetric and without
contraction, or there will be [D,D] = F or EoM.

2.1.2 Operator basis construction

In [8, 10], a complete and independent operator basis is given by the semi-standard Young
tableau (SSYT) and the generalized Littlewood-Richardson (LR) rule for Lorentz and gauge
group respectively.

The Young diagram of SL(2,C) × U(N) is

[M]N,ñ,n =

N
−

2


. . .

n︷ ︸︸ ︷
. . .

...
...

︸ ︷︷ ︸
ñ

. . .

, (2.3)
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where N is the number of particles. The number of columns for SL(2,C) × U(N) irrep n

and conjugate irrep ñ are determined by

n = k

2 +
∑
hi<0

hi, ñ = k

2 +
∑
hi>0

hi,#i = ñ− 2hi, (2.4)

where k is the number of derivative, hi is the helicity of particle i, and #i is the number of
label i appearing in the SSYTs. The SSYTs are translated into amplitudes as

⟨ij⟩ ∼ i
j
, [ij] ∼ Ek1...kN−2ij λ̃iλ̃j ∼

N
−

2



k1

k2

...

kN−2

, (2.5)

and a complete amplitude is the product of all columns. Once the parameters are determined,
the SSYTs give a complete and independent amplitude basis, free from IBP, EoM and
Schouten identity redundancies.

For example, the helicity category of type DeC†HQ3 is {−1
2 ,−

1
2 ,−

1
2 , 0,+

1
2}, and there

is one momentum given by the derivative D. Following eq. (2.3), (2.4), one can obtain
type DeC

†HQ3’s Lorentz y-basis

By =


⟨12⟩⟨34⟩[45]
−⟨13⟩⟨23⟩[35]
⟨13⟩⟨24⟩[45]

 . (2.6)

The gauge y-basis construction is based on the tensor representation of SU(N) gauge
group. A field F with anti-fundamental or adjoint indices are converted into N − 1 or N
fundamental indices respectively,

FA → Fa1...aN−1i ≡ F
A(TA)aN

i ϵa1...aN ∼

a1 i

...

aM−1

; (2.7)

Fa → Fa1...aN−1 ≡ F
aϵa1...aN−1a ∼

a1

...

aN−1

. (2.8)

Then we apply the generalized L-R rule to Young tableaux to construct a series of SU(N)
singlets, where each column represents an ϵ tensor, and each expression within a y-basis is
the product of the ϵ tensors derived from its Young tableau.
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The type DeC†HQ3 contains four SU(2)W -doublets

Qi1 , Qi2 , Qi3 , Hi4 . (2.9)

According to the generalized L-R rule, the SU(2)W y-basis is constructed as

i1
i2
→ i1 i2

i3
→ i1 i2

i3

i4
→ i1 i2

i3 i4
∼ T y2 = ϵi1i3ϵi2i4 , (2.10)

T y1 = ϵi1i2ϵi3i4 . (2.11)

The y-basis is not necessarily composed of monomials after simplification, because of
eq. (2.7), (2.8), but we can always choose a group of independent and complete monomials
from the y-basis, namely the monomial basis (m-basis) [8, 10, 13]. In the former example
DeC

†HQ3, we are lucky to find out that its SU(2)W y-basis is composed of monomials. Along
with the SU(3)C structure, the m-basis of type DeC†HQ3 is

Om =



Om1
Om2
Om3
Om4
Om5
Om6


=



iϵabcϵikϵjl(DµHl)(QsckσµeC
†
t)(QpaiQrbj)

iϵabcϵikϵjlHl(QpaiσµeC
†
t)(Qrbj(DµQsck))

iϵabcϵikϵjl(DµHl)(QrbjσµeC
†
t)(QpaiQsck)

iϵabcϵijϵkl(DµHl)(QsckσµeC
†
t)(QpaiQrbj)

iϵabcϵijϵklHl(QpaiσµeC
†
t)(Qrbj(DµQsck))

iϵabcϵijϵkl(DµHl)(QrbjσµeC
†
t)(QpaiQsck)


, (2.12)

where {a, b, c} are SU(3)C fundamental indices, {i, j, k, l} SU(2) fundamental, and {p, r, s, t}
flavor.

In some cases it is inevitable to deal with repeated fields. If we want to have a flavor
specified independent basis (discussed in [13]), we need to rearrange the operators into
irreducible representations (irreps) of the SU(nf ) flavor group. The process from m-basis to
flavor-specified basis (f-basis) requires two steps. First we construct irreps of permutation
group Sm and obtain the permutation basis (p-basis), where m is the number of repeated fields.
According to the Schur-Weyl duality, any irrep of Sm is also an irrep of SU(nf ). Then we select
the operators that span different SU(nf ) tensor spaces of each irrep, and obtain the f-basis.

– 6 –



J
H
E
P
0
5
(
2
0
2
4
)
2
3
8

For example, type DeC
†HQ3 has three repeated Q’s. The irreps of SU(nf ) (S3) by

{Qr, Qs, Qt} are { r s t ,
r s
t

,
r
s
t
}, and the p-basis is

Op = Y[ r s t ]Om1 , (2.13)

Op =



Y[ r s
t

]Om1

(s t)Y[ r s
t

]Om1

Y[ r s
t

]Om2

(s t)Y[ r s
t

]Om2


, (2.14)

Op = Y[
r
s
t

]Om1 . (2.15)

Notice that Y[ r s
t

] and (s t)Y[ r s
t

] span the same linear space of an irrep of SU(nf ),
so the f-basis is

Of = Y[ r s t ]Om1 , (2.16)

Of =

Y[ r s
t

]Om1

Y[ r s
t

]Om2

 , (2.17)

Of = Y[
r
s
t

]Om1 . (2.18)

So far the bases we have introduced do not directly predict the possible UV origins.
From the group theory point of view, the UV particles generating the effective operators are
the possible irreps of the Poincaré group and the gauge group. This recognition leads to the
partial wave expansion of amplitudes of a certain scattering process that gives the angular
momentum J and gauge quantum number R of the multi-particle state at the scattering
channel. The traditional partial wave expansion mainly focuses on 2 → N scattering, but
we can always generalize the concept to M → N scattering and multi-partite scattering,
as is shown in [26], in order to obtain complete tree-level UV origins. Along with the
operator-amplitude correspondence, we can apply the partial wave expansion on a complete
and independent operator basis under any possible topology, and gain the information of
the resonances. The result is named j-basis. J-basis is an eigenbasis of the partial Casimir
operators under the given topology. We shall discuss the details of j-basis construction after
introducing the Casimir operators of Poincaré group and SU(N) and the definition of partial
Casimir operators in the next subsection. The key idea is to transfer the partial wave problem
into a linear algebra problem about solving the eigenfunctions of partial Casimir operators.
Figure 1, proposed in [26], gives the relations among all the bases mentioned above.
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y-basis

m-basis

j-basis p-basis f-basis

monomial

W 2,Cn
permute S-W

duality

Figure 1. Relations among the different bases [13]. The red arrow means that the basis can always be
expressed as linear combination of the y-basis through a reduce procedure. The yellow circle indicates
that the m-basis, the p-basis and the j-basis are related by linear transformations. The operators in
the p-basis are tensors of the symmetric group Sm, and those in the f-basis are tensors of SU(nf )
group, where m is the number of repeated fields and nf is the flavor number of each repeated field.
These two basis are connected by the Schur-Weyl duality.

2.2 Pauli-Lubanski and gauge Casimir projection

First we need to determine all the scattering channels to do the partial wave expansion,
which requires the concept of partition. Let us start with the traditional 2→ N scattering.
This process involves N + 2 particles totally, with the incoming channel I1 = {12} and the
outgoing one I2 = {3 . . . (N + 2)}, so its partition is {12|3 . . . (N + 2)}. Notice that the
partition satisfies two conditions that (i) I1 ∪ I2 = {1, 2, 3, . . . , (N + 2)}; and (ii) the two
channels do not overlap I1 ∩ I2 = ∅. This specific example also satisfies I1 = Ī2, where
Īi ≡ {1, . . . , N,N + 1, N + 2} − Ii, which is the feature of a 2-partite partition.

Then we generalize 2-partite partitions to multi-partite partitions. For simplicity, we treat
all particles as incoming ones, and suppose there are totally N external particles. Intuitively,
we can obtain a multi-partite partition by dividing the N external particles into several
channels, satisfying the generalized conditions of (i) and (ii) mentioned in the last paragraph.
An m-partite partition of N external particles is denoted as N |m ≡ I1,...,m ⊂ {1, . . . , N},
with requirement (i) and the generalized one of (ii), denoted as (ii′)

Ii ∩ Ij = ∅ or Ii ∩ Īj = ∅ (2.19)

that any two channels are either non-overlapping or contain one another. All the possible
partitions of particles {1, . . . , N} form a space PN with SN symmetry. If we apply the
quotient set PN/SN , the result is a set of all possible topologies, usually labeled by diagrams.
For example, when N = 6, one of all the possible partitions is {12|123|456|56}. Channel
{12} ⊂ {123} and {12} ∩ {456} = ∅ satisfies the requirement (ii′). In this case, both

{12|123|456|56} and {12|124|356|56} belong to topology .
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The multi-partite partitions provide favorable conditions of defining partial Casimir
operators. Casimir operators label the irreps of their group/algebra, which can be very useful
to partial wave expansion. A partial Casimir operator thus labels the irreps of a specific
channel, so that the resonance information of all scattering channels can be obtained if we
consider all the partial Casimir operators.

2.2.1 Lorentz j-basis

There are two Casimir operators in the Poincaré algebra, momentum P2 and the Pauli-
Lubanski operator W2, which label irreps of the Poincaré group

W2|P, J, σ⟩ = −P 2J(J + 1)|P, J, σ⟩, (2.20)
P2|P, J, σ⟩ = P 2|P, J, σ⟩. (2.21)

The partial wave expansion of an N -pt scattering amplitude M({Ψ}N |m) in partition N |m
is in the form

M({Ψ}N |m) =
∑

J1,...,Jm

∑
a

MJ1,...,Jm
a ({s}N |m)BJ1,...,Jm

a ({Ψ}N |m), (2.22)

where {Ψ}N |m denotes the states of N particles divided into partition N |m, Ji denotes the
total angular momentum of channel Ii, MJ1,...,Jm

a ({s}N |m) contains the physical information
of the scattering process and is irrelevant to the partial wave, a is the possible degeneracy,
and BJ1,...,Jm

a ({Ψ}N |m) is the partial wave basis

BJ1,...,Jm

a ({Ψ}N |m) = (
m∏
i=1
⟨Pi, Ji, σi|{Ψ}Ni⟩)bJ1,...,Jm

a . (2.23)

If we only pay attention to channel Ii, we can always act W2 on state |Pi, Ji, σi⟩

⟨Pi, Ji, σi|W2|{Ψ}Ni⟩ ≡W 2
Ii
⟨Pi, Ji, σi|{Ψ}Ni⟩ = −P 2

i Ji(Ji + 1)⟨Pi, Ji, σi|{Ψ}Ni⟩, (2.24)

where W 2
Ii

is defined as the partial Casimir operator of W2 only concerning channel Ii. The
definition is essential, because an amplitude is always a Lorentz singlet, but part of the
external particles in a specific channel may form a non-trivial irrep that can be detected by
the partial Casimir operator of this channel. Since W 2

Ii
is defined in the subspace |{Ψ}Ni⟩

in |{Ψ}N ⟩, it must satisfy

W 2
Ii
⟨Pj , Jj , σj |{Ψ}Nj ⟩ = 0 (∀i ̸= j). (2.25)

Therefore
W 2

Ii
BJ1,...,Jm

a ({Ψ}N |m) = −sIiJi(Ji + 1)BJ1,...,Jm

a ({Ψ}N |m), (2.26)

where sIi = P 2
i is the Mandelstam variable of channel Ii. We apply the spinor-helicity

formalism, and the form of W 2 given in [27] is thus

W 2 = 1
8P

2(Tr[M2] + Tr[M̃2])− 1
4Tr[P ⊺MPM̃ ], (2.27)
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where P = Pµσ
µ
αα̇, P ⊺ = Pµσ̄

µα̇α, and M , M̃ are the chiral components of the Lorentz
generator Mµνσ

µ
αα̇σ

ν
ββ̇

= ϵαβM̃α̇β̇ + ϵ̃α̇β̇Mαβ.
Eq. (2.26) is an eigenfunction of W 2

Ii
, so a natural question emerges whether there is a

basis to solve the eigenfunction, so that the partial wave expansion becomes a linear algebra
problem. Luckily, we have already introduced how to construct a complete and independent
basis classified by dimension and external particles. To sum up, the process of partial wave
expansion consists of five steps:

1. Find out the linear space spanned by a complete and independent basis (usually the
y-basis) at dimension d, V d ≡ [By,d];

2. Determine the partition N |m and its corresponding partial Casimir operators {W 2
Ii
};

3. Act each partial Casimir operator on the basis {W 2
Ii
By,d} and obtain a series of equations;

4. Solve the eigenfunction of each W 2
Ii

and obtain the corresponding irreps;

5. Find out the linear intersections of the irreps’ spaces of each W 2
Ii

and obtain a series of
eigenbasis of {W 2

Ii
}, which is named as the Lorentz j-basis.

We still study type DeC†HQ3 as an example and construct its Lorentz j-basis of partition

{12|5|34}, .

Eq. (2.6) gives its Lorentz y-basis. Since partition {12|5|34} contains two resonances, we
only need to focus on channel {12} and {34}. Act W 2

{12} on By and

W 2
{12}B

y = −s12W{12}By, W{12} =


0 0 0
0 2 0
−1 0 2

 . (2.28)

Diagonalize the matrix W{12}

Kjy{12} =


−1 0 2
0 1 0
1 0 0

 , Kjy{12}W{12}(Kjy{12})
−1 = diag(2, 2, 0)

⇒ J{12} = (1, 1, 0),

(2.29)

where BjI = KjyI By. The amplitude space [By] is decomposed into two subspaces of irreps
J{12} = 1 and J{12} = 0 respectively. Similarly for channel {34}, the transformation matrix
Kjy{34} and the corresponding spins J{34} are

Kjy{34} =


−1 1 2
0 −1 1
1 0 0

 , J{34} =
(3

2 ,
1
2 ,

1
2

)
. (2.30)
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So far there are two kinds of decomposition of space [By], [J{12} = 1] ⊕ [J{12} = 0] and
[J{34} = 3

2 ] ⊕ [J{34} = 1
2 ], derived from W 2

{12}B
y and W 2

{34}B
y respectively. Then we find

out the linear intersections of the subspaces

[J{12} = 1]
⋂ [

J{34} = 3
2

]
=Span[

(
1 −1 −2

)
By], (2.31)

[J{12} = 1]
⋂ [

J{34} = 1
2

]
=Span[

(
−1 −2 2

)
By], (2.32)

[J{12} = 0]
⋂ [

J{34} = 1
2

]
=Span[

(
−1 0 0

)
By], (2.33)

where the row vectors on the r.h.s. are left eigenvectors of W 2
{12} and W 2

{34}. Therefore the
Lorentz j-basis of partition {12|125|34} is

Bj{12|125|34} = Kjy{12|125|34}B
y =


1 −1 −2
−1 −2 2
−1 0 0

By, (J{12}, J{34}) =


(1, 3

2)
(1, 1

2)
(0, 1

2)

 . (2.34)

2.2.2 Gauge j-basis

The partial wave expansion for gauge group shares a similar principle to the Poincaré group,
that the Casimir operator labels the irreps of its group

Cn
S
◦T (R; S)I1...IN

= Cn
S

(R)T (R; S)I1...IN
(2.35)

where Cn is a Casimir operator, S ⊂ {1, . . . , N} labels a channel of particles with direct
product of irreps ⊗{ri|i ∈ S}, T (R; S)I1...IN

is a tensor in a partial wave basis of the irrep
R and ⊗{ri|i ∈ S}, and Cn(R) is the eigenvalue of R.

Since we mainly focus on the Standard Model gauge group, we only give the Casimir
operators of SU(2) and SU(3)

C2 = TaTa, for both SU(2) and SU(3), (2.36)
C3 = dabcTaTbTc, for SU(3) only, (2.37)

where T’s are generators of their corresponding groups. The generator of direct product of
irreps derived from the exponential map of SU(N) is in the form

TA⊗{ri} =
N∑
i=1

TAri

∏
j ̸=i

Erj , (2.38)

where Erj is the identity matrix of irrep rj , and TAri
is the generator of irrep ri. Such a

generator acting on a tensor in the space of ⊗{ri} gives

TA⊗{ri} ◦ΘI1...Ii...IN
=

N∑
i=1

(TAri
)JIi

ΘI1...J...IN
. (2.39)

To realize the partial Casimir operator Cn
S

, we define the partial generator of i ∈ S

T
S

A ◦ΘI1...IN
=

∑
i∈S

(TAri
)JIi

ΘI1...J...IN
. (2.40)
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We still focus on type DeC†HQ3, and construct its SU(2)W j-basis of partition {12|5|34},
following the same pattern as the construction of its Lorentz j-basis. First we act the partial
Casimir operator on the gauge y-basis (also its gauge m-basis) in eq. (2.10)

C2
{12}
◦T y1 = T

{12}
I ◦ T

{12}
I ◦ T y1 = T

{12}
I ◦ (τ I i1j ϵji3ϵi2i4 + τ I

i2
j ϵ

i1i3ϵji4)

= ϵi1i3ϵi2i4 + ϵi1i4ϵi2i3 = 2T y1 − T
y

2 , (2.41)

C2
{12}
◦T y = (C2

{12}
)TT y =

2 −1
0 0

 T y1
T y2

 (2.42)

and obtain the matrix (C2
{12}

)T. Then we diagonalize (C2
{12}

)T and gain the transformation

matrix Kjy{12} from y(m)-basis to j-basis of channel {12}

Kjy{12}(C2
{12}

)T(Kjy{12})
−1 = diag{2, 0}, with Kjy{12} =

−2 1
0 1

 . (2.43)

The process for channel {34} is the same. Finally we find out the linear intersections of
irreps in each channel, and the result is

T j{12|5|34} = Kjy{12|5|34}T
y =

2 −1
0 −1

 T y1
T y2

 with (R{12},R{34}) =

(3,3)
(1,1)

 . (2.44)

3 UV resonance and effective operators

3.1 Higher spin resonances the on-shell way

In the Young tensor method, the building blocks for particles with spin J ≥ 1 are the field
strength, such as Fµν for spin-1 particles and the Weyl tensor Cµνρλ for spin-2 particles.
However, when we construct the UV theory with such higher spin massive particles, the
basic building blocks are usually taken to be Vµ and hµν for spin-1 and spin-2 particles,
which involves longitudinal polarizations that are not allowed in the massless theories due
to the gauge symmetries. These building blocks allow for larger freedom of constructing
operators, but more redundancy relations are also introduced by the EOM. For example,
the EOM of the vector field Vµ is

∂νFµν +M2Vµ + Jµ = 0 , (3.1)

where Jµ is the source of V µ. Applying ∂µ we get another EOM

∂µVµ = − 1
M2∂

µJµ . (3.2)

The fact that there is no Vµ field on the right-hand side reflects the physical constraint on
the polarization vector kµϵµ = 0, which indicates that the left-hand side does not create
on-shell vector particle. It proves that we can always replace the ∂µVµ part in the operator
by V -independent pieces. More specifically, suppose the source can be decomposed as

Jµ = ∂µΦ + Jµ , (3.3)
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where Φ is a scalar operator. We can perform a field redefinition Vµ → Vµ− 1
M2∂µΦ, such that

LUV = −1
4FµνF

µν + 1
2M

2VµV
µ + VµJ

µ

→ L̃UV = −1
4FµνF

µν + 1
2M

2VµV
µ − 1

2M2∂µΦ∂µΦ + V µJµ −
1
M2∂

µΦJµ .
(3.4)

In the new Lagrangian, there is no longer a coupling between V and the scalar source Φ.
Letting Jµ be a conserved current, the last term will also drop out after IBP.

From the on-shell perspective, the motivation of the above practice is twofold: first it
makes sure that the amplitude-operator correspondence still holds, thus operators involving
vector fields Vµ always correspond to scattering amplitudes involving the vector particle;
second, the j-basis/UV resonance correspondence is kept valid. The latter can be understood
by integrating out the heavy vector and examine the effective operators after matching.
Without the replacement in eq. (3.4), the term − 1

2M2∂µΦ∂µΦ is obtained through matching,
and one may attribute it to the spin-1 resonance while it’s a J = 0 operator in the j-basis. On
the contrary, if we start from L̃UV, the term − 1

2M2∂µΦ∂µΦ would be present in the UV which
is irrelevant of the heavy vector, while the matching only produces the contact interaction
of the conserved current J µJµ, which is indeed J = 1 operator in the j-basis.

The requirement can be extended to arbitrary spins. The key point is to decompose
the tensor field into components with various spins, while only the component with correct
spin could create the on-shell particle. For the spin-2 particle, the rank-2 tensor source
can be decomposed as

Tµν = Φgµν + (∂µJν + ∂νJµ) + Tµν . (3.5)

Like for the vector, the couplings to the scalar trace component Φ and the vectorial longitudinal
component Jµ can be removed by field redefinition. In our on-shell prescription, we always
choose the gauge that the spin-2 particle couples to the transverse-traceless source. This
principle can be applied to arbitrary higher spins.

After choosing such a gauge, the correspondence between the UV resonance and the
resulting low-energy operators is well defined without ambiguity. As explained previously,
we can use the correspondence to find the UV origin of an effective operator. One remaining
subtlety of the UV origin issue is when the 3-point UV couplings involved in the tree decom-
position of the amplitude are considered “loop-induced”. The typical example is the coupling
between a vector resonance and two same-helicity fermions B(V1, ψ2, ψ3) = ⟨12⟩ ⟨13⟩, which
corresponds to the contribution of a dimension-5 operator O = ∂µV1νψ̄2σ

µνψ3. Therefore it
is sometimes convenient to pick out those tree decompositions involving such couplings.

The tree level UV couplings are mostly 3-point, with a few exceptions at 4-point. For
clarity, we start with 3-point couplings with one spin-S heavy particle, while the other two
are treated as massless with helicities (h1, h2). The on-shell amplitudes for such couplings
have a general form [34]

M(h1, h2, S) ∼ ⟨12⟩S−h1−h2 [13]S+h1−h2 [23]S−h1+h2 (3.6)

where the little group indices on the spinors |3] are implicitly totally symmetric. The power
S − h1 − h2 can be negative, which means it should be replaced by [12]−S+h1+h2 , while
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the other two powers should be non-negative, implying the requirement S ≥ |h1 − h2|.
This general form is written in the so-called chiral basis, where only the square brackets of
the massive particles are used, but the mass dimension of the corresponding operator dO
becomes illusive. For example, M(+1/2,−1/2, 1) ∼ ⟨12⟩ [13]2 would directly correspond
to the dimension-6 operator (∂µψ†

1)σ̄νψ2F
µν
3 , which is actually equivalent to a dimension-4

operator as ψ†
1σ̄µψ2V

µ
3 by the EOM and IBP. It turns out that to obtain an equivalent form

of the operator with lowest mass dimension, a more convenient basis would be the symmetric
basis, where the number of square brackets and angle brackets for the massive particles
are equal for bosons, and differ by 1 for fermions. They correspond to the amplitudes in
terms of polarization vectors ϵµi ≡

⟨i|σµ|i]√
2M and u = (|i⟩, |i])T as the solution of the Dirac

equation, such as χµ ≃ ϵµu = for the spin-3/2 Rarita-Schwinger field and hµν ≃ ϵµϵν for the
spin-2 Fierz-Pauli field. Assuming that the fields are all canonically normalized, their mass
dimensions would be precisely 1 more than their wave functions. In general we have1

dO = N + dM (3.7)

Therefore, to have dO ≤ 4 for the tree-level couplings, the corresponding N = 3-point
amplitudes should satisfy dM ≤ 1 when the factors of 1/(

√
2M) are included. We use the

convention for arbitrarily high spin fields such that the wave functions of the massive fields are

spin-S bosons: ϵ
(µ1
i ϵµ2

i . . . ϵ
µS)
i = 1

(
√

2M)2S ⟨i|σ
µ1 |i]⟨i|σµ2 |i] . . . ⟨i|σµS |i]

spin-S fermions: ϵ
(µ1
i . . . ϵ

µS−1/2)
i ui ∼

1
(
√

2M)2S−1 ⟨i|σ
µ1 |i] . . . ⟨i|σµS−1/2 |i]

|i⟩
|i]

 (3.8)

all of which are in the symmetric basis. For comparison, the amplitudes in the chiral basis
correspond to fields with derivatives, for instance

iσµν∂
µχν ≃ |i⟩⟨i|⟨i| , (∂µhνρ)σµν ≃

1√
2M
|i⟩[i|σρ|i⟩⟨i|. (3.9)

For the previous example, the lowest dimensional amplitude we can get isM(+1/2,−1/2, 1) ∼
1√
2M [13] ⟨23⟩, which has mass dimension dM = 1. We list below all the two-light-one-heavy

couplings with dM ≤ 1

light particles heavy particles amplitude operator
φ,φ ϕ 1 φ1φ2ϕ

ψ, ψ ϕ ⟨12⟩ (ψ1ψ2)ϕ
φ, ψ χ ⟨23⟩ φ(ψχ)
φ,φ V 1√

2M ⟨23⟩ [23] φ1∂µφ2V
µ

ψ,ψ† V 1√
2M [13] ⟨23⟩ ψ1σµψ

†
2V

µ

(3.10)

1This formula only holds for canonically normalized kinetic terms for the massive fields, which means that
the bosonic fields have mass dimension 1 while the fermionic fields have mass dimension 3/2. It is not the
convention for gravitons, for instance, whose kinetic term has a factor of M2

pl and the field is dimensionless.
However, for massive fields, it is natural to stick to this convention.
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Note that there are no heavy particles beyond J = 1, as they are all considered loop-induced
in this convention. For example, the coupling of a light fermion and scalar with a heavy
spin-3/2 particle has the amplitude

M(φ,ψ, χ(3/2)) = 1√
2M
⟨13⟩ ⟨23⟩ [13] ≃ (∂µφ)(ψχµ) , (3.11)

which corresponds to a dimension-5 operator in terms of the Rarita-Schwinger field. We can
also write down couplings with a heavy spin-2 particle such as

M(ψ,ψ†, h(2)) = 1
(
√

2M)2 ⟨13⟩ ⟨23⟩ [23]2 ≃ (ψσµ∂νψ†)hµν , (3.12)

also corresponding to a dimension-5 operator.
To proceed, we look at the case with one light (massless) particle and two heavy particles.

In the generic case, the massless particle can only be a scalar or a spin-1/2 fermion, while the
spins of the two massive particles can differ by 0, 1 or 1/2. The amplitudes of the couplings are

M(φ,Ψ(S),Ψ(S)) =


1

(
√

2M)2S ⟨23⟩S [23]S S ∈ Z
1

(
√

2M)2S−1 ⟨23⟩S+1/2 [23]S−1/2 S ∈ Z + 1
2

(3.13)

M(φ,Ψ(S),Ψ(S+1)) = 1
(
√

2M)2S+1 ⟨13⟩ [13] ⟨23⟩S [23]S , S ∈ Z (3.14)

M(ψ,Ψ(S),Ψ(S+1/2)) =


1

(
√

2M)2S ⟨13⟩ ⟨23⟩S [23]S S ∈ Z
1

(
√

2M)2S ⟨13⟩ ⟨23⟩S−1/2 [23]S+1/2 S ∈ Z + 1
2

(3.15)

A subtlety rises when the two heavy particles have the same mass, so that the x factor can be
introduced which is massless and carries −1 helicity of the massless particle. It is defined as

x|1] ≡ p2|1⟩
M

(3.16)

where the proportionality is guaranteed by the kinematics [1|p2|1⟩ = 2p1 · p2 = m2
3 −m2

2 = 0.
It typically appears in the gauge interaction where the massless particle is the gauge boson.
Consider a |h| ≥ 1 massless boson A coupled to equal mass particles, the only couplings
satisfying dM ≤ 1 are2

M(A(h),Ψ(S),Ψ(S)) = xh ×


1

(
√

2M)2S ⟨23⟩S [23]S S ∈ Z
1

(
√

2M)2S−1 ⟨23⟩S+1/2 [23]S−1/2 S ∈ Z + 1
2

(3.17)

The last case is the couplings among three heavy particles. Suppose the three spins are
ordered S1 ≤ S2 ≤ S3, we can write down the general formula

M(Ψ(S1),Ψ(S2),Ψ(S3))= 1
(
√

2M)S1+S2+S3
(3.18)

×


(
⟨12⟩

S1+S2−S3
2 ⟨23⟩

−S1+S2+S3
2 ⟨31⟩

S1−S2+S3
2 ×c.c.

)
, S1+S2+S3∈2Z(

⟨12⟩
S1+S2−S3+1

2 ⟨23⟩
−S1+S2+S3−1

2 ⟨31⟩
S1−S2+S3−1

2 ×c.c.
)
×⟨3|p1|3], S1+S2+S3∈2Z+1

2When the variable x is chosen, only one of |1⟩ and |1] can be used as an independent variable due to the
relation eq. (3.16), thus the counterpart of eq. (3.14) is not present for the gauge interaction.
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while we see that the positivity of the powers require S3 ≤ S1 + S2 + 1. The above are all
the 3-point tree-level couplings we should count in the tree decomposition of the effective
operators. Those not listed above should be considered as loop-induced, which may be
more suppressed at low energy.

Sometimes we also need 4-point couplings, and there are not many of them at tree
level. First, only bosonic fields can be involved, because the wave functions of fermionic
fields are always dimensionful. Second, gauge bosons are not allowed, because the gauge
invariant field strength must involve derivatives, while the special kinematics required by
the gauge couplings are also absent at 4-point. Therefore, the only massless particles that
can be involved are scalars, thus we have

M(φ,φ, φ, φ) = 1 (3.19)
M(φ,φ,Ψ(S),Ψ(S)) = ⟨34⟩S [34]S (3.20)

M(φ,Ψ(S1),Ψ(S2),Ψ(S3)) = 1
(
√

2M)S1+S2+S3

×
(
⟨12⟩

S1+S2−S3
2 ⟨23⟩

−S1+S2+S3
2 ⟨31⟩

S1−S2+S3
2 × c.c.

)
. (3.21)

When all the 4 particles are massive with spins S1 ≤ S2 ≤ S3 ≤ S4, there would be
generically no unique couplings, but the criteria for the existence of tree-level couplings are
S1 + S2 + S3 + S4 ∈ 2Z and S4 ≤ S1 + S2 + S3.

When all the UV couplings involved in the tree decomposition of an effective operator
are tree-level, i.e. dO ≤ 4, the matching will always give the j-basis operator with the
correct quantum numbers. Nevertheless, when higher-dimensional couplings are involved, the
resulting operator would have a minimal mass dimension, so that certain j-basis operators
at lower dimensions are not accessible through matching. For example, the four fermion
operator (ψ1σ

µνψ2)(ψ3σµνψ4) is a J = 1 operator in the {1, 2} → {3, 4} channel, but a
heavy vector resonance in this channel requires dimension-5 couplings with the fermions
M(ψ,ψ, V ) = ⟨13⟩ ⟨23⟩ ≃ 1

Λψσµνψ∂
µV ν on both sides, resulting in at least dimension-8

effective operators at low energy O ∼ 1/(Λ2M2). Hence the dimension-6 operator cannot be
generated in the matching. We take this into account by analysing the mass dimensions of
all the UV couplings and setting the minimal dimension for the generated j-basis operators,
and the process is named Dim selection [26].

3.2 Subtleties on field redefinitions conversion

The analysis presented in section 2.2 offers a diagrammatic perspective that allows us to
directly discern the potential UV origins responsible for the specific operator. This analysis en-
compasses crucial information, such as the quantum numbers of new resonances and their inter-
actions with Standard Model (SM) particles. For instance, when examining the operator type
uCu

†
CLL

†HH†, conducting a j-basis analysis on the partition {{L,H†}, {uC , u
†
C}, {H,L

†}} re-
sults in a UV theory involving three heavy resonances: ψ(1,1,−1, 1/2), χ(1,2,−1/2, 1/2), and
Aµ(1,1, 0, 1), where numbers in the parenthesis indicate the (SU(3)C , SU(2)L, U(1)Y , Spin)
quantum numbers of the corresponding fields. Diagrammatically, the process of generating
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operators of the type uCu†CLL†HH† in matching such a UV theory is illustrated as follows:

H†

L H L† uC

u†C

ψ χ A = ūRγ
νuR⟨AµAν⟩l̄Lγµ⟨χχ̄⟩H⟨ψψ̄⟩H†lL

∼ ūRγνuR
gµν
MA

l̄Lγ
µ 1
Mχ

H
1
Mψ

H†lL

= 1
MψMχM2

A

ūRγµuR l̄Lγ
µHH†lL, (3.22)

where the angle brackets above represent the contraction of the heavy fields in the corre-
sponding amplitude, and we have used the four-component notation for spinor field. The
interactions needed in the UV theory are also easy to read out from the above diagram:

LUV
int ⊃ (l̄LHψ + χ̄Hψ + l̄L /Aχ+ h.c.) + uR /AuR. (3.23)

In light of the diagrammatic interpretation, it appears that the current approach may
not fully encompass UV theories capable of generating the specific type of operator by
converting other operators produced during the matching procedure via field redefinition.
For example, if we take away the heavy field ψ from the aforementioned UV theory and
take into account the possible interaction χ̄HeR + h.c., then integrating out χ and Aµ in a
similar diagram with the amputation of the part that connects to the ψ leads to the operator
of the type uCu

†
CL

†He†CD as follows:

H

e†C

L† uC

u†C

χ A =⇒

e†C

H L† uC

u†C

(3.24)

= ūRγ
νuR⟨AµAν⟩l̄Lγµ⟨χχ̄⟩HeR

∼ ūRγµuR
1
M2
A

l̄Lγ
µ
/pH + /peR

M2
χ

HeR ⇐⇒
1

M2
AM

2
χ

ūRγµuR l̄Lγ
µ /D(HeR). (3.25)

If ūRγµuR l̄Lγµ /D(HeR) is considered to be a basis operator of the type uCu
†
CL

†He†CD in a
complete and independent operator basis, then we would conclude that such a UV theory do
not generate the operator ūRγµuR l̄LγµHH†lL. However, if one prefer an operator basis where
ūRγµuR l̄Lγ

µ /D(HeR) is not a part of basis operators like ours in ref. [8], then during the
intermediate step of operator conversion, one has to convert the operator ūRγµuR l̄LγµH( /DeR)
with equation of motion /DeR = yeL̄H, which leads to the generation of the operator
ūRγµuR l̄Lγ

µHH†lL. Therefore, if one is working in the second basis, then such a UV is
indeed responsible for the operator ūRγµuR l̄LγµHH†lL. In this sense, if we only perform the
j-basis analysis for the type uCu†CLL†HH† with diagrams containing only heavy propagator,
we would miss the relevant UV theory containing heavy field χ and Aµ but not ψ.
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To avoid such an issue of missing potential UV contributions, we propose that with a
small modification to the ordinary j-basis analysis one can take into account all kinds of UV
theories responsible for an operator type. The modification is to include an additional step to
verifying whether the quantum numbers of the resonances align with those of SM particles. If
there exists a resonance in the candidate UV theory with quantum numbers matching those of
a SM particle, we claim that a UV theory without that resonance is still capable of generating
the target operator. This corresponds to a UV theory generating the target operators via
field redefinition in removing those off-shell basis operators.3 At the dim-6 level, the field
redefinition used to remove those off-shell basis operators is equivalent to replacing the kinetic
part in the operators with EOMs of the corresponding fields. Diagrammatically it corresponds
to the equivalence between the local on-shell amplitude generated by the seemingly non-local
diagram with the massless pole being canceled by the insertion of off-shell basis operators
and the same amplitude generated by the contact diagram with the converted operators.
Therefore, replacing a UV resonance propagator with the SM one in the diagram in the j-basis
analysis exactly corresponds to the procedure of producing the target operator by converting
the operators of other types via EOMs. We illustrate this point with the above uCu

†
CLL

†HH†

example, the quantum numbers of the three resonance ψ, χ and Aµ are the same as those for
SM fields e†C , L and Bµ respectively. Therefore following the earlier argument, we can replace
the field ψ in the diagram with e†C(eR), and the new UV theory containing only heavy fields
χ and Aµ are expected to also generate the operator of type uCu

†
CLL

†HH† by converting
operator of type uCu

†
CL

†He†CD with EOM of e†C as we discussed in the text below eq. (3.25).
At the amplitude level, we can illustrate this procedure diagrammatically as follows:

H†

L H L† uC

u†C

e†C χ A ⊃

H†

L H L† uC

u†C

e†C =

H†

L

H L†

uC

u†C

(3.26)

= ūRγ
νuR⟨AµAν⟩l̄Lγµ⟨χχ̄⟩H⟨eRēR⟩H†lL

⊃ ūRγνuR
1
M2
A

l̄Lγ
µ
/peR

M2
χ

H
1
/peR

H†lL ⇐⇒
1

M2
χM

2
A

ūRγ
νuR l̄Lγ

µH /D⟨eRēR⟩lLH†

= 1
M2
χM

2
A

ūRγ
νuR l̄Lγ

µHH†lL, (3.27)

where in the second line, we only include the part of the amplitude that is local due
to the cancellation of the momentum coming from the propagator of χ in the numerator
and the massless propagator of eR in the denominator colored in blue, and the expression
on the right-handed side with teal color corresponds to the insertion of the dim-8 operator
O1 = ūRγ

νuR l̄Lγ
µH /DeR generated by integrating out χ and A as we discussed in the previous

paragraph. This O1 operator contributes a momentum /p that cancels with the massless pole
of eR and the resulting amplitude is equal to the one generated by insertion of the operator
ūRγ

νuR l̄Lγ
µHH†lL obtained by the replacement of EOM of eR in O1. The conversions

3The off-shell basis operators are those does not contribute to the local tree-level on-shell amplitude for the
scattering states involving external particles that are one-to-one correspondent to the fields in the operator.
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between dim-8 operators with EOMs can always be expressed in such a diagrammatic way,
which in turn can be captured by our j-basis analysis, because the external particles in the
process fix the possible quantum numbers of the internal lines in the tree diagram, thus by
traversing all possible partitions we recursively include all the possible way for generating
the operator via conversion with EOMs.

At the dim-8 level, the relation between the field redefinition and the conversion of EOMs
is more subtle [20, 35]. Apart from the conversion within the dim-8 operators with EOMs
of renormalizable Lagrangian, one also needs to consider the dim-8 operators generated by
the conversion of dim-6 operators with EOMs of dim-6 Lagrangian and a remaining part
that captures the difference between the EOMs replacement and field redefinition. We shall
show that these two additional effects can also be linked to the diagrammatic origin and thus
can be included in the j-basis analysis. The case of generation of dim-8 operators via the
conversion of dim-6 operators with EOMs of dim-6 Lagrangian can be illustrated by replacing
the heavy propagator of χ with the SM lepton doublet field L in the diagram in eq. (3.22):

H†

L H L† uC

u†C

ψ L A ∼

H†

L H L† uC

u†C

L =

H†

L

H L†

uC

u†C

.

In the middle diagram, the left and right blobs in teal color represent the dim-6 operators
generated by integrating out ψ and A respectively: ( /Dl̄L)HH†lL and (l̄LγµlL)(ūRγµuR). The
latter contributes to the dim-6 EOM – /Dl̄L ⊃ (ūRγµuR)l̄Lγµ, and the equivalence between
the amplitudes generated by the middle and the right diagram exactly corresponds to the
substitution of the /Dl̄L in the operator ( /Dl̄L)HH†lL with EOM of l̄L at dim-6 resulting in
the dim-8 operator ūRγµuR l̄LγµHH†lL.

Lastly, the remaining origin for dim-8 operators that comes from the field redefinition
and cannot be captured by substitutions of EOMs are those from the second order variation
of the renormalizable part of EFT Lagrangian: 1/2fαδ2L4/(δΦαδΦβ)fβ, where Φα is the
corresponding SM fields, which to be shifted by Φα → Φα+fα to eliminate the dim-6 off-shell
basis operators, and the repeated indices α and β traversing all the SM fields undergoing
redefinition are summed implicitly. For the dim-8 operator generated in this way to be
tree-level, the corresponding relevant dim-6 operators that were to be removed by the field
redefinition must also be generated at the tree level. This requirement reduces dim-6 operators
into two classes of operator: ψ†ψH†HD and H2H†2D2. Removing redundant Green basis
operators |H|2H†D2H and ψ̄2i

←→
/D ψ1HH

† in these two class generated during the matching
amounts to make field redefinition ψ1 → ψ1 − ξψ2HH

†, ψ2 → ψ2 − ξψ1HH
†, and H → H +

ξ′H|H|2, where ξ and ξ′ are equal to the Wilson coefficient of the corresponding operators
generated during matching, and we have omitted gauge contractions in the expressions.
Diagrammatically, these second-order variation contributions can be further classified into
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the following three categories:

Kinetic term: Φ†
α Φα

f †α fα −→ f †α fα

(3.28)

Yukawa term:

Φγ

Φα Φβ
fα fβ −→

Φγ

fα fβ

(3.29)

Quartic term:

ΦγΦδ

Φα Φβ
fα fα −→

ΦγΦδ

fα fβ ,

(3.30)

where Φ’s are either SM fermions or Higgs fields, f ’s are determined by which source particle it
stems from. The blobs in teal color in the above diagrams correspond to either dim-6 operators
|H|2H†D2H or ψ̄2i

←→
/D ψ1HH

†, and opening further these blobs with finer partition helps to
obtain the corresponding UV theories responsible for generating the dim-8 operators in olive
blobs on by second-order variation in field redefinition. Again this must be included in our
j-basis analysis plus identifying the intermediate resonances with the same quantum numbers
of SM particles. To be more concrete, we illustrate this scenario with an example of the j-basis
analysis of operator type H2H†3LeC with patition {{L,H}, {L,H,H†}, {eC , H}, {eC , H,H†}}
in the following diagram:

H

L H† H† eC

H

H†

ψ2 ψ3ψ1 ψ4


ψ1(1,3,1,1/2)

ψ2(1,2,−1/2,1/2)
ψ3(1,1,1,1/2)
ψ4(1,2,3/2,1/2)

, ψi(SU(3)C ,SU(2)L,U(1)Y ,Spin)

⇓

H

L H† H† eC

H

H†

L eCψ1 ψ4 −→

H

L

H† H†

eC

H

H†

L eC . (3.31)
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We find that one of the UV contains four fermion fields ψ1 to ψ4 from our ordinary j-basis
analysis, and according to the aforementioned discussion, we identify that ψ2 and ψ3 have
the same quantum numbers with the SM fields L and eC respectively. Therefore we conclude
that the UV theories with only ψ1 and ψ4 can also generate dim-8 operator H2H†3LeC by
field redefinition of in removing dim-6 off-shell basis operators L̄i

←→
/D LHH† and ēRi

←→
/D eRHH

†

when integrating out ψ1 and ψ4, which can actually be easily verified by readers.
To summarize the above discussion:

• We have established a diagrammatic correspondence between the UV theory and dim-
8 operators, which include two distinct processes for generating a dim-8 operator
type: direct integration of heavy resonances and operator conversion through field
redefinitions.

• Through the j-basis analysis, we can effectively capture all these diagrammatic scenarios
by systematically traversing the partitions for a given operator type. With an additional
step to identify and drop the resonances in the UV theories that share the same quantum
numbers as the Standard Model (SM) particles, we effectively include the UV origins
for the other operator types that can be converted to the given operator type with field
redefinition.

• As a result of this careful analysis, the UV theories that contribute to a specific type
of operator, as discovered through our j-basis analysis, are considered complete. We
have successfully accounted for all the relevant mechanisms, leading to a comprehensive
understanding of the operator’s origins.

Finally, we comment that people in the phenomenology community like to speak of the UV
resonance of certain EFT operators is not meaningful without fixing whole the operator basis
at a certain dimension. Because the concept of “UV origin” of an operator is ambiguous
due to the freedom to convert an operator to a different one with field redefinition. Due
to this ambiguity and the fact that the operators are just intermediate tools to compute
the predictions of physical observables, we think that the “UV origin” of an operator type
which fixed the field contents and the number of derivatives is a more reasonable question
to investigate.

4 Complete sets of the UV resonances for the dim-8 operators

Based on the discussions in previous sections, we summarize here the steps for obtaining
the UV origins for a type of operator:

1. Obtain the independent partitions for the type of operators.

2. For each partition, find out all possible insertion quantum numbers of the resonance
using our j-basis analysis. Each set of resonance and associated interactions read out
from the corresponding diagram is a candidate UV theory.

3. For each candidate UV theory, we determine whether each interaction is “renormalizable”
as discussed in section 3.1. Only retain those UV theories with all interactions that are
renormalizable.
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Figure 2. Extract the relevant UV theories of a given operator type.

4. For each remaining UV theory, find out whether there exist special resonances in the
theory that coincide with the quantum numbers of SM particles. Remove those special
resonances in all kinds of ways and keep at least one new resonance in the UV theory.
Each way of removing special resonances corresponds to a new UV theory responsible
for the operator type under investigation.

The UV resonances for operators involving 4 particles are listed in appendix A. The UV
resonances for operators involving 5 and more particles are not listed, but a supplementary
material is provided. In the following we summarize the results we obtained from our analysis
and introduce a Mathematica package for readers to extract those UV information. We have
put those resonances that have the same quantum number of the SM particles in blue color.
They are S4[H], F2[eC ], F3[L†], F10[d†C ], F11[u†C ], F13[Q], V 1[B], V 6[W ] and V 28[G]. We
find 40 scalar resonances, 25 fermion resonances, 30 vector resonances, 20 spin-3/2 resonances,
and 15 spin-2 resonances that are relevant for the generation of operators, and we give their
names in table 1. Keep in mind that in deriving these results, we retain the models with
interactions of dimension up to 5, which means some couplings are be “loop-induced”.

Compared with the heavy fields responsible for the dim-6 and dim-7 operators, we have
20 new scalar resonances, 15 new fermion resonances, 10 new vector resonances, 21 new
spin-3/2 resonances, and 18 spin-2 resonances, which are tabulated in table 2.

For reader convenience, we provide a Mathematica package “DIM8UV.m” to extract the
information of UV theories for a given operator. To use the package one only needs to
get the content by the command:

In[1]:= Get["/path/to/DIM8UV.m"];

This is a standalone package that does not have any extra dependency. To extract the UV
information for a given type, just use the function DIM8UV. The structure of the output is
illustrated in the following example in figure 2. The output is an association with two “keys”

— “basis” and “UVs”, The value of “basis” gives a map between the indices that label the
f-basis operators and the forms of the f-basis operators. The value of the “UVs” gives an
association, where keys are the indices of the f-basis operator, and the values are all possible
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Scalar

S1 (1,1, 0), S2 (1,1, 1), S3 (1,1, 2), S4 (1,2, 1
2), S5 (1,2, 3

2)
S6 (1,2, 5

2), S7 (1,3, 0), S8 (1,3, 1), S9 (1,4, 1
2), S10 (1,4, 3

2)
S11 (1,5, 0), S12 (1,5, 1), S13 (1,5, 2), S14 (3,1,−4

3), S15 (3,1,−1
3)

S16 (3,1, 2
3), S17 (3,1, 5

3), S18 (3,2,−11
6 ), S19 (3,2,−5

6), S20 (3,2, 1
6)

S21 (3,2, 7
6), S22 (3,3,−1

3), S23 (3,3, 2
3), S24 (3,3, 5

3), S25 (3,4,−5
6)

S26 (3,4, 1
6), S27 (6,1,−2

3), S28 (6,1, 1
3), S29 (6,1, 4

3), S30 (6,2,−7
6)

S31 (6,2,−1
6), S32 (6,2, 5

6), S33 (6,2, 11
6 ), S34 (6,3, 1

3), S35 (6,4,−1
6)

S36 (6,4, 5
6), S37 (8,1, 0), S38 (8,1, 1), S39 (8,2, 1

2), S40 (8,3, 0)

Fermion

F1 (1,1, 0), F2 (1,1, 1), F3 (1,2, 1
2), F4 (1,2, 3

2), F5 (1,3, 0)
F6 (1,3, 1), F7 (1,3, 2), F8 (1,4, 1

2), F9 (1,4, 3
2), F10 (3,1,−1

3)
F11 (3,1, 2

3), F12 (3,2,−5
6), F13 (3,2, 1

6), F14 (3,2, 7
6), F15 (3,3,−4

3)
F16 (3,3,−1

3), F17 (3,3, 2
3), F18 (3,3, 5

3), F19 (3,4,−5
6), F20 (3,4, 1

6)
F21 (3,4, 7

6), F22 (6,1,−2
3), F23 (6,1, 1

3), F24 (6,2,−1
6), F25 (8,1, 1)

Vector

V 1 (1,1, 0), V 2 (1,1, 1), V 3 (1,1, 2), V 4 (1,2, 1
2), V 5 (1,2, 3

2)
V 6 (1,3, 0), V 7 (1,3, 1), V 8 (1,4, 1

2), V 9 (1,5, 0), V 10 (1,5, 1)
V 11 (3,1,−4

3), V 12 (3,1,−1
3), V 13 (3,1, 2

3), V 14 (3,1, 5
3), V 15 (3,2,−11

6 )
V 16 (3,2,−5

6), V 17 (3,2, 1
6), V 18 (3,2, 7

6), V 19 (3,3,−1
3), V 20 (3,3, 2

3)
V 21 (3,3, 5

3), V 22 (3,4,−5
6), V 23 (3,4, 1

6), V 24 (6,1,−2
3), V 25 (6,1, 1

3)
V 26 (6,1, 4

3), V 27 (6,2,−1
6), V 28 (6,2, 5

6), V 29 (6,3, 1
3), V 30 (8,1, 0)

Spin-3/2

R1 (1,1, 0), R2 (1,1, 1), R3 (1,2, 1
2), R4 (1,2, 3

2), R5 (1,3, 0)
R6 (1,3, 1), R7 (1,4, 1

2), R8 (3,1,−1
3), R9 (3,1, 2

3), R10 (3,2,−5
6)

R11 (3,2, 1
6), R12 (3,2, 7

6), R13 (3,3,−1
3), R14 (3,3, 2

3), R15 (3,4, 1
6)

R16 (6,1,−2
3), R17 (6,1, 1

3), R18 (6,2,−1
6), R19 (8,1, 1), R20 (8,2, 1

2)

Spin-2
T1 (1,1, 0), T2 (1,1, 1), T3 (1,2, 3

2), T4 (1,3, 0), T5 (1,3, 1)
T6 (1,5, 0), T7 (3,1, 2

3), T8 (3,1, 5
3), T9 (3,2,−5

6), T10 (3,2, 1
6)

T11 (3,3, 2
3), T12 (6,2,−1

6), T13 (6,2, 5
6), T14 (8,1, 0), T15 (8,1, 1)

Table 1. Heavy resonances that are relevant for dim-8 operators, the sequential numbers in the
parenthesis in order are dimension of the SU(3)C and SU(2)L groups and the hypercharge of U(1)Y .

UV theories that can generate the operator. Each class of UV theories that share the same set
of new fields is also represented by an association, with key “New Fields” storing the list of
quantum numbers of new fields in the theory in the order of (U1Y ,SU(3)C ,SU(2)L, Spin), and
the key “Vertices List” consisting of a list of vertex list in the UV theories. Each vertex list
combined with the list of new fields, which fixed interactions in the Lagrangian ubiquitously
determine a UV theory. For example, in figure 2, the first class of UV theory that responsible
for the first f-basis operator has one new scalar field with (U(1)Y ,SU(3)C ,SU(2)L) quantum
numbers equal to (−4/3, 3,1), which is S14 in our notation. It turns out that for this class,
one only has one concrete UV theory with interactions between the new scalar and e†C and d†C
where we have omit the conjugate part. The vertices in red color in the list are those with
dimensions larger than 4, which according to our discussion in section 3, can be regarded as
“loop-induced”. One can also remove those UV theories containing “loop-induced” couplings
by passing a second argument “Tree Couplings” to the function as shown in figure 3. To help
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Scalar

S5 (1,2, 3
2), S6 (1,2, 5

2), S11 (1,5, 0), S12 (1,5, 1), S13 (1,5, 2)
S17 (3,1, 5

3), S18 (3,2,−11
6 ), S19 (3,2,−5

6), S23 (3,3, 2
3), S24 (3,3, 5

3)
S25 (3,4,−5

6), S26 (3,4, 1
6), S30 (6,2,−7

6), S31 (6,2,−1
6), S32 (6,2, 5

6)
S33 (6,2, 11

6 ), S35 (6,4,−1
6), S36 (6,4, 5

6), S37 (8,1, 0), S38 (8,1, 1)

Fermion
F7 (1,3, 2), F9 (1,4, 3

2), F15 (3,3,−4
3), F18 (3,3, 5

3), F19 (3,4,−5
6)

F20 (3,4, 1
6), F21 (3,4, 7

6), F22 (6,1,−2
3), F23 (6,1, 1

3), F24 (6,2,−1
6)

F25 (8,1, 1), F26 (8,2, 1
2), F27 (15,1,−1

3), F28 (15,1, 2
3), F29 (15,2, 1

6)

Vector V 3 (1,1, 2), V 9 (1,5, 0), V 10 (1,5, 1), V 15 (3,2,−11
6 ), V 21 (3,3, 5

3)
V 22 (3,4,−5

6), V 23 (3,4, 1
6), V 24 (6,1,−2

3), V 26 (6,1, 4
3), V 29 (6,3, 1

3)

Spin-3/2

R2 (1,1, 1), R3 (1,2, 1
2), R4 (1,2, 3

2), R6 (1,3, 1), R7 (1,4, 1
2)

R8 (3,1,−1
3), R9 (3,1, 2

3), R10 (3,2,−5
6), R11 (3,2, 1

6), R12 (3,2, 7
6)

R13 (3,3,−1
3), R14 (3,3, 2

3), R15 (3,4, 1
6), R16 (6,1,−2

3), R17 (6,1, 1
3)

R18 (6,2,−1
6), R19 (8,1, 1), R20 (8,2, 1

2), R21 (15,1,−1
3), R22 (15,1, 2

3)

Spin-2
T1 (1,1, 0), T2 (1,1, 1), T3 (1,2, 3

2), T4 (1,3, 0), T5 (1,3, 1)
T6 (1,5, 0), T7 (3,1, 2

3), T8 (3,1, 5
3), T9 (3,2,−5

6), T10 (3,2, 1
6)

T11 (3,3, 2
3), T12 (6,2,−1

6), T13 (6,2, 5
6), T14 (8,1, 0), T15 (8,1, 1)

Table 2. New resonance appeared at dim-8, the sequential numbers in the parenthesis in order are
dimension of the SU(3)C and SU(2)L groups and the hypercharge of U(1)Y .

Figure 3. Extract the relevant UV theories of a given operator type that do not contain any
“loop-induced” couplings.

reader to identity those models with the naming scheme in table 1, we provided a function
called TabulateUVs, which takes in two arguments — the operator type and the index
of the f-basis as in figure 4. It will first print the form of the operator, and in case of the
presence of repeated fields, the corresponding flavor symmetry of each group of repeated
fields will be shown in the form of the shape of the Young diagram. Here in the example, we
have the flavor indices of the two uC anti-symmetrized. The table has two columns and the
left one records the “New Fields” — the list of new fields present in the UV theory with their
quantum numbers, and the right column lists the different UVs that differ by the interactions.
Certainly, one can also select to only output those models with renormalizable UV couplings
by specifying the option “TreeCouplings” to true as in figure 5.

For user convenience, we also store the results in the package, using the function
ResList2Type, reader can find the possible contribution to certain operator types for a class
of UV theories identified by a list of new fields as in figure 6. The reader can also restrict to
the scenario where only renormalizable UV couplings are allowed as in figure 7.
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Figure 4. To put the relevant UV theories in a nicer form.

Figure 5. Select to tabulate those UV theories with only renormalizable couplings.

Figure 6. Get the relevant operator types for a set of new fields.

Figure 7. Get the relevant operator types for a set of new fields.

From the bottom-up point of view, it is of interest to find out what dim-8 operators can
be generated at tree-level when UV must contain a new resonance in table 2, and we list such
operator types in table 3. In the right column, we list the set of resonances in square brackets
that are responsible for the generation of the dim-8 operators in the left column. From the
top-down point of view, it is also interesting to find out those resonances that only generate
dim-8 operators but not dim-6 operators at tree-level. We list this kind of UV theories in
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List of operators
BLGL

3 [S37 (8,1, 0)]
BLBRGLGR [S37 (8,1, 0)] [T1 (1,1, 0)] [T14 (8,1, 0)]
BLGLGR

2 [S37 (8,1, 0)] [T14 (8,1, 0)]
GLGRWLWR [S40 (8,3, 0)] [T1 (1,1, 0)] [T16 (8,3, 0)]
DeCe

†
CGLGR [T1 (1,1, 0)] [F25 (8,1, 1)] [R19 (8,1, 1)]

DGLGRLL
† [T1 (1,1, 0)]

[
F26 (8,2, 1

2)
] [

R20 (8,2, 1
2)

]
Table 3. The dim-8 operator types that must need at least a new resonance to be generated.The
grayed resonance are the one also contribute to the dim-6 operators.

table 4 and 5 and the associated operator types they may generate, and we find that all these
UV theories must contain at least one “loop-induced” couplings.

UV (SU(3)C , SU(2)L, U(1)Y ) dim-8 operators
S11 (1, 5, 0) WL

4 WL
2WR

2

S37 (8, 1, 0)

BL
2GL

2 BLGL
3 GL

4 BLBRGLGR

BLGLGR
2 GL

2GR
2 BLdCGLH†Q BLGLHQuC

dCGL
2H†Q GL

2HQuC BLGLH†Q†u†
C BLd†

CGLHQ†

GL
2H†Q†u†

C d†
CGL

2HQ†

S40 (8, 3, 0) GL
2WL

2 GLGRWLWR dCGLH†QWL GLHQuCWL

GLH†Q†u†
CWL d†

CGLHQ†WL

S42 (27, 1, 0) GL
4 GL

2GR
2

T 1 (1, 1, 0)

BL
2BR

2 BLBRWLWR BLBRGLGR WL
2WR

2

GLGRWLWR GL
2GR

2 BLBRDeCe†C BLBRDLL†

BLBRDdCd†
C BLBRDuCu†

C BLBRDQQ† DeCe†CWLWR

DLL†WLWR DdCd†
CWLWR DuCu†

CWLWR DQQ†WLWR

DeCe†CGLGR DGLGRLL† DdCd†
CGLGR DGLGRuCu†

C
DGLGRQQ† D2eC

2e†C
2 D2eCe†CLL† D2dCd†

CLL†

D2LL†uCu†
C D2eCe†CQQ† D2L2L†2 D2dCd†

CeCe†C
D2eCe†CuCu†

C D2dC
2d†

C
2 D2dCd†

CuCu†
C D2uC

2u†
C

2

D2LL†QQ† D2dCd†
CQQ† D2QQ†uCu†

C D2Q2Q†2

BLBRD2HH† D2HH†WLWR D2GLGRHH† D3eCe†CHH†

D3HH†LL† D3dCd†
CHH† D3HH†uCu†

C D3HH†QQ†

T 4 (1, 3, 0)

BL
2WR

2 BLBRWLWR WL
2WR

2 BLDLL†WR

BLDQQ†WR DLL†WLWR DQQ†WLWR D2L2L†2

D2LL†QQ† D2Q2Q†2 BLD2HH†WR D2HH†WLWR

D3HH†LL† D3HH†QQ† D4H2H†2

T 14 (8, 1, 0)

BL
2GR

2 BLBRGLGR BLGLGR
2 GL

2GR
2

BLDdCd†
CGR BLDGRuCu†

C BLDGRQQ† DdCd†
CGLGR

DGLGRuCu†
C DGLGRQQ† D2dC

2d†
C

2 D2dCd†
CuCu†

C
D2uC

2u†
C

2 D2dCd†
CQQ† D2QQ†uCu†

C D2Q2Q†2

T 6 (1, 5, 0) WL
2WR

2

T 16 (8, 3, 0) GR
2WL

2 GLGRWLWR DGRQQ†WL D2Q2Q†2

T 18 (27, 1, 0) GL
2GR

2

T 17 (10, 1, 0) GL
2GR

2
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R2 (1, 1, 1)

BLBRDeCe†C BRD2eCH†L D3HH†LL† BLeC
2e†C

2

BLeCe†CLL† BLeCe†CQQ† BLdCd†
CeCe†C BLeCe†CuCu†

C
BL

2e†CHL† DeC
2e†CH†L DeCH†L2L† DdCd†

CeCH†L

DeCH†LuCu†
C DeCH†LQQ† BLDeCe†CHH† BLDHH†LL†

R3 (1, 2, 1
2 )

BLBRDLL† BLDLL†WR DLL†WLWR BRD2eCH†L

D2eCH†LWR D3eCe†CHH† BLeCe†CLL† BLdCd†
CLL†

BLLL†uCu†
C BLL2L†2 BLLL†QQ† eCe†CLL†WL

dCd†
CLL†WL LL†uCu†

CWL L2L†2WL LL†QQ†WL

DeC
2e†CH†L DeCH†L2L† DdCd†

CeCH†L DeCH†LuCu†
C

DeCH†LQQ† BLDHH†LL† DHH†LL†WL D2eCHH†2L

R8 (3, 1,− 1
3 )

BLBRDdCd†
C BLDdCd†

CGR DdCd†
CGLGR BRD2dCH†Q

D2dCGRH†Q D3HH†QQ† BLdCd†
CLL† BLdCd†

CeCe†C
BLdC

2d†
C

2 BLdCd†
CuCu†

C BLdCd†
CQQ† dCd†

CGLLL†

dCd†
CeCe†CGL dC

2d†
C

2GL dCd†
CGLuCu†

C dCd†
CGLQQ†

BL
2d†

CHQ† BLd†
CGLHQ† d†

CGL
2HQ† DdCeCe†CH†Q

DdCH†LL†Q DdC
2d†

CH†Q DdCH†QuCu†
C DdCH†Q2Q†

BLDdCd†
CHH† BLDd†

CH2uC BLDHH†QQ† DdCd†
CGLHH†

Dd†
CGLH2uC DGLHH†QQ† D2dCHH†2Q D2H2H†QuC

R9 (3, 1, 2
3 )

BLBRDuCu†
C BLDGRuCu†

C DGLGRuCu†
C BRD2HQuC

D2GRHQuC D3HH†QQ† BLLL†uCu†
C BLeCe†CuCu†

C
BLdCd†

CuCu†
C BLuC

2u†
C

2 BLQQ†uCu†
C GLLL†uCu†

C
eCe†CGLuCu†

C dCd†
CGLuCu†

C GLuC
2u†

C
2 GLQQ†uCu†

C
DeCe†CHQuC DHLL†QuC DdCd†

CHQuC DHQuC
2u†

C
DHQ2Q†uC BLDdCH†2u†

C BLDHH†uCu†
C DdCGLH†2u†

C
DGLHH†uCu†

C D2dCHH†2Q D2H2H†QuC

R11 (3, 2, 1
6 )

BLBRDQQ† BLDQQ†WR BLDGRQQ† DQQ†WLWR

DGRQQ†WL DGLGRQQ† BRD2dCH†Q D2dCH†QWR

D2dCGRH†Q BRD2HQuC D2HQuCWR D2GRHQuC

D3dCH†2u†
C D3dCd†

CHH† D3HH†uCu†
C BLeCe†CQQ†

BLLL†QQ† BLdCd†
CQQ† BLQQ†uCu†

C BLQ2Q†2

eCe†CQQ†WL LL†QQ†WL dCd†
CQQ†WL QQ†uCu†

CWL

Q2Q†2WL eCe†CGLQQ† GLLL†QQ† dCd†
CGLQQ†

GLQQ†uCu†
C GLQ2Q†2 BL

2H†Q†u†
C BL

2d†
CHQ†

BLH†Q†u†
CWL BLd†

CHQ†WL H†Q†u†
CWL

2 d†
CHQ†WL

2

BLGLH†Q†u†
C BLd†

CGLHQ† GLH†Q†u†
CWL d†

CGLHQ†WL

GL
2H†Q†u†

C d†
CGL

2HQ† DdCeCe†CH†Q DeCe†CHQuC

DdCH†LL†Q DdC
2d†

CH†Q DdCH†QuCu†
C DHLL†QuC

DdCd†
CHQuC DHQuC

2u†
C DdCH†Q2Q† DHQ2Q†uC

BLDdCH†2u†
C BLDdCd†

CHH† BLDHH†uCu†
C BLDd†

CH2uC

BLDHH†QQ† DdCH†2u†
CWL DdCd†

CHH†WL DHH†uCu†
CWL

Dd†
CH2uCWL DHH†QQ†WL DdCGLH†2u†

C DdCd†
CGLHH†

DGLHH†uCu†
C Dd†

CGLH2uC DGLHH†QQ† D2dCHH†2Q

R6 (1, 3, 1)
DeCe†CWLWR D2eCH†LWR D3HH†LL† eCe†CLL†WL

eCe†CQQ†WL e†CHL†WL
2 DeCH†L2L† DeCH†LQQ†

DeCe†CHH†WL DHH†LL†WL D2eCHH†2L

R7 (1, 4, 1
2 ) DLL†WLWR L2L†2WL LL†QQ†WL DHH†LL†WL

R13 (3, 3,− 1
3 )

DdCd†
CWLWR D2dCH†QWR D3HH†QQ† dCd†

CLL†WL

dCd†
CQQ†WL d†

CHQ†WL
2 DdCH†LL†Q DdCH†Q2Q†

DdCd†
CHH†WL Dd†

CH2uCWL DHH†QQ†WL D2dCHH†2Q

R14 (3, 3, 2
3 )

DuCu†
CWLWR D2HQuCWR D3HH†QQ† LL†uCu†

CWL

QQ†uCu†
CWL DHLL†QuC DHQ2Q†uC DdCH†2u†

CWL

DHH†uCu†
CWL D2dCHH†2Q D2H2H†QuC
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F 20 (3, 4, 1
6 ) DQQ†WLWR dCH†QWL

2 HQuCWL
2 LL†QQ†WL

Q2Q†2WL DHH†QQ†WL dCHH†2QWL H2H†QuCWL

R15 (3, 4, 1
6 ) DQQ†WLWR LL†QQ†WL Q2Q†2WL H†Q†u†

CWL
2

d†
CHQ†WL

2 DHH†QQ†WL

F 25 (8, 1, 1) DeCe†CGLGR eCGL
2H†L eCe†CGLQQ† dCd†

CeCe†CGL

R19 (8, 1, 1) DeCe†CGLGR eCe†CGLQQ† dCd†
CeCe†CGL eCe†CGLuCu†

C

F 26 (8, 2, 1
2 ) DGLGRLL† dCd†

CGLLL† GLLL†uCu†
C GLLL†QQ†

R20 (8, 2, 1
2 ) DGLGRLL† dCd†

CGLLL† GLLL†uCu†
C GLLL†QQ†

F 27 (15, 1,− 1
3 ) DdCd†

CGLGR dCGL
2H†Q dC

2d†
C

2GL dCd†
CGLuCu†

C

F 23 (6, 1, 1
3 ) DdCd†

CGLGR dCGL
2H†Q dC

2d†
C

2GL dCd†
CGLuCu†

C

R21 (15, 1,− 1
3 ) DdCd†

CGLGR dC
2d†

C
2GL dCd†

CGLuCu†
C dCd†

CGLQQ†

R17 (6, 1, 1
3 ) DdCd†

CGLGR dC
2d†

C
2GL dCd†

CGLuCu†
C dCd†

CGLQQ†

F 28 (15, 1, 2
3 ) DGLGRuCu†

C dCd†
CGLuCu†

C GLuC
2u†

C
2 GLQQ†uCu†

C

F 22 (6, 1,− 2
3 ) DGLGRuCu†

C dCd†
CGLuCu†

C GLuC
2u†

C
2 GLQQ†uCu†

C

R22 (15, 1, 2
3 ) DGLGRuCu†

C dCd†
CGLuCu†

C GLuC
2u†

C
2 GLQQ†uCu†

C

R16 (6, 1,− 2
3 ) DGLGRuCu†

C dCd†
CGLuCu†

C GLuC
2u†

C
2 GLQQ†uCu†

C

F 29 (15, 2, 1
6 ) DGLGRQQ† dCGL

2H†Q GL
2HQuC dCd†

CGLQQ†

GLQQ†uCu†
C GLQ2Q†2

F 24 (6, 2,− 1
6 ) DGLGRQQ† dCGL

2H†Q GL
2HQuC dCd†

CGLQQ†

GLQQ†uCu†
C GLQ2Q†2

R23 (15, 2, 1
6 ) DGLGRQQ† dCd†

CGLQQ† GLQQ†uCu†
C GLQ2Q†2

GL
2H†Q†u†

C d†
CGL

2HQ†

R18 (6, 2,− 1
6 ) DGLGRQQ† dCd†

CGLQQ† GLQQ†uCu†
C GLQ2Q†2

GL
2H†Q†u†

C d†
CGL

2HQ†

V 3 (1, 1, 2) D2eC
2e†C

2 DeC
2e†CH†L eC

2H†2L2

T 3 (1, 2, 3
2 ) D2eCe†CLL†

T 7 (3, 1, 2
3 ) D2d†

CeCLQ† D2dCd†
CeCe†C D2LL†QQ†

T 9 (3, 2,− 5
6 ) D2d†

CeCLQ† D2dCd†
CLL† D2eCe†CQQ† D2eCQ†2uC

D2dCL†Q†uC D2QQ†uCu†
C

T 10 (3, 2, 1
6 ) D2LL†uCu†

C D2dCL†Q†uC D2dCd†
CQQ†

T 8 (3, 1, 5
3 ) D2eCe†CuCu†

C

V 24 (6, 1,− 2
3 ) D2dC

2d†
C

2 DdC
2d†

CH†Q dC
2H†2Q2

T 15 (8, 1, 1) D2dCd†
CuCu†

C

T 2 (1, 1, 1) D2dCd†
CuCu†

C

V 26 (6, 1, 4
3 ) D2uC

2u†
C

2

T 11 (3, 3, 2
3 ) D2LL†QQ†

T 12 (6, 2,− 1
6 ) D2dCd†

CQQ†

T 13 (6, 2, 5
6 ) D2QQ†uCu†

C

V 29 (6, 3, 1
3 ) D2Q2Q†2 DdCH†Q2Q† DHQ2Q†uC dC

2H†2Q2

dCHH†Q2uC H2Q2uC
2

R4 (1, 2, 3
2 ) D3eCe†CHH† D2eCHH†2L

R10 (3, 2,− 5
6 ) D3dCd†

CHH† D2dCHH†2Q

R12 (3, 2, 7
6 ) D3HH†uCu†

C

T 5 (1, 3, 1) D4H2H†2

Table 4. UV theories that contain a single new particle and do not generate dim-6 operators at tree
level.
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UV dim-8 types
F 23 (6, 1, 1

3 ), V 26 (6, 1, 4
3 ) dCeCGLuC

2

F 25 (8, 1, 1), V 26 (6, 1, 4
3 ) dCeCGLuC

2

V 29 (6, 3, 1
3 ), F 26 (8, 2, 1

2 ) GLLQ3

F 24 (6, 2,− 1
6 ), V 29 (6, 3, 1

3 ) GLLQ3

F 26 (8, 2, 1
2 ), F 25 (8, 1, 1) eCGL

2H†L

F 27 (15, 1,− 1
3 ), F 29 (15, 2, 1

6 ) dCGL
2H†Q

F 24 (6, 2,− 1
6 ), F 23 (6, 1, 1

3 ) dCGL
2H†Q

F 29 (15, 2, 1
6 ), F 28 (15, 1, 2

3 ) GL
2HQuC

F 22 (6, 1,− 2
3 ), F 24 (6, 2,− 1

6 ) GL
2HQuC

R2 (1, 1, 1), V 3 (1, 1, 2) BLeC
2e†C

2 DeC
2e†CH†L

V 24 (6, 1,− 2
3 ), R8 (3, 1,− 1

3 ) BLdC
2d†

C
2 dC

2d†
C

2GL DdC
2d†

CH†Q

R9 (3, 1, 2
3 ), V 26 (6, 1, 4

3 ) BLuC
2u†

C
2 GLuC

2u†
C

2 DHQuC
2u†

C

R11 (3, 2, 1
6 ), V 29 (6, 3, 1

3 ) BLQ2Q†2 Q2Q†2WL GLQ2Q†2 DdCH†Q2Q†

R15 (3, 4, 1
6 ), V 29 (6, 3, 1

3 ) Q2Q†2WL

V 24 (6, 1,− 2
3 ), R21 (15, 1,− 1

3 ) dC
2d†

C
2GL

R22 (15, 1, 2
3 ), V 26 (6, 1, 4

3 ) GLuC
2u†

C
2

R23 (15, 2, 1
6 ), V 29 (6, 3, 1

3 ) GLQ2Q†2

R11 (3, 2, 1
6 ), R9 (3, 1, 2

3 )

BL
2H†Q†u†

C BLH†Q†u†
CWL BLGLH†Q†u†

C GLH†Q†u†
CWL

GL
2H†Q†u†

C BLDdCH†2u†
C BLDHH†uCu†

C BLDHH†QQ†

DHH†QQ†WL DdCGLH†2u†
C DGLHH†uCu†

C DGLHH†QQ†

D2dCHH†2Q D2H2H†QuC

R3 (1, 2, 1
2 ), R2 (1, 1, 1) BL

2e†CHL† BLe†CHL†WL BLDeCe†CHH† BLDHH†LL†

DHH†LL†WL D2eCHH†2L

R8 (3, 1,− 1
3 ), R11 (3, 2, 1

6 )

BL
2d†

CHQ† BLd†
CHQ†WL BLd†

CGLHQ† d†
CGLHQ†WL

d†
CGL

2HQ† BLDdCd†
CHH† BLDd†

CH2uC BLDHH†QQ†

DHH†QQ†WL DdCd†
CGLHH† Dd†

CGLH2uC DGLHH†QQ†

D2dCHH†2Q D2H2H†QuC

R11 (3, 2, 1
6 ), R14 (3, 3, 2

3 )
BLH†Q†u†

CWL H†Q†u†
CWL

2 GLH†Q†u†
CWL BLDHH†QQ†

DdCH†2u†
CWL DHH†uCu†

CWL DHH†QQ†WL DGLHH†QQ†

D2dCHH†2Q D2H2H†QuC

R3 (1, 2, 1
2 ), R6 (1, 3, 1) BLe†CHL†WL e†CHL†WL

2 BLDHH†LL† DeCe†CHH†WL

DHH†LL†WL D2eCHH†2L

R13 (3, 3,− 1
3 ), R11 (3, 2, 1

6 )
BLd†

CHQ†WL d†
CHQ†WL

2 d†
CGLHQ†WL BLDHH†QQ†

DdCd†
CHH†WL Dd†

CH2uCWL DHH†QQ†WL DGLHH†QQ†

D2dCHH†2Q D2H2H†QuC

R15 (3, 4, 1
6 ), R14 (3, 3, 2

3 ) H†Q†u†
CWL

2 DHH†QQ†WL

R7 (1, 4, 1
2 ), R6 (1, 3, 1) e†CHL†WL

2 DHH†LL†WL

R13 (3, 3,− 1
3 ), R15 (3, 4, 1

6 ) d†
CHQ†WL

2 DHH†QQ†WL

R23 (15, 2, 1
6 ), R22 (15, 1, 2

3 ) GL
2H†Q†u†

C

R16 (6, 1,− 2
3 ), R18 (6, 2,− 1

6 ) GL
2H†Q†u†

C

R20 (8, 2, 1
2 ), R19 (8, 1, 1) e†CGL

2HL†

R21 (15, 1,− 1
3 ), R23 (15, 2, 1

6 ) d†
CGL

2HQ†

R18 (6, 2,− 1
6 ), R17 (6, 1, 1

3 ) d†
CGL

2HQ†

R2 (1, 1, 1), R4 (1, 2, 3
2 ) BLDeCe†CHH† D2eCHH†2L
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R10 (3, 2,− 5
6 ), R8 (3, 1,− 1

3 ) BLDdCd†
CHH† DdCd†

CGLHH† D2dCHH†2Q

R9 (3, 1, 2
3 ), R12 (3, 2, 7

6 ) BLDHH†uCu†
C DGLHH†uCu†

C D2H2H†QuC

R6 (1, 3, 1), R4 (1, 2, 3
2 ) DeCe†CHH†WL D2eCHH†2L

R10 (3, 2,− 5
6 ), R13 (3, 3,− 1

3 ) DdCd†
CHH†WL D2dCHH†2Q

R14 (3, 3, 2
3 ), R12 (3, 2, 7

6 ) DHH†uCu†
CWL D2H2H†QuC

V 24 (6, 1,− 2
3 ), V 29 (6, 3, 1

3 ) dC
2H†2Q2

V 29 (6, 3, 1
3 ), V 26 (6, 1, 4

3 ) H2Q2uC
2

Table 5. UV theories that contain more than one new particles and do not generate dim-6 operators
at tree level.

5 Conclusion

In this work we investigate the connection between effective operators and their UV resonances
in the bottom-up way. We utilize the J-basis technique to investigate all possible tree-level UV
origins for the dimension-8 SMEFT operators in the Young Tensor basis. We list a complete
set of 146 (82) possible UV resonances which could generate the dimension-8 SMEFT operators
at the tree-level, and we write down all possible UV couplings up to mass dimension 5 (4).
Except presenting the above results, two important theoretical issures are also addressed.

First, we clarify the ambiguity in the J-basis/UV resonance correspondence for the UV
theories with heavy particles with spin J ≥ 1, and illustrate that the couplings between the
spin-J massive particles and the current of a different angular momentum J ′ ̸= J can be
replaced by higher dimensional operators via field redefinition. In this way, we can classify
the couplings in the UV theories into the “loop-induced” ones and the authentic tree-level
ones. Following the line, we enumerate all the 3-pt and 4-pt “tree-level” couplings in the
form of on-shell amplitudes involving massive particles of arbitrary spin-J . The convention
also resolves to some extent the issue of whether a non-renormalizable operator can be
generated at tree-level in a UV theory.

Second, we tackle the subtlety about the UV theories responsible for the generation of
operators via field redefinition. In this work, we build a diagrammatic illustration, showing
that these UV theories can be included by adding another step after the ordinary J-basis
analysis — recursively identifying and replacing the heavy resonance in the diagram with
the SM particles with the same quantum numbers. In doing so, we can proliferate the UV
theories obtained from an ordinary j-basis analysis and thus take into account all the UV
theories responsible for the operators in certain operator basis.

Finally, for the readers’ convenience, we provide a UV database for dimension 8 operators
in the form of Mathematica package, with which one can easily extract the relevant UV
theories for generating a specific F-basis operator, including the information of new fields
and interactions. Given these information, it provides new strategy on searching for new
resonances at the large hadron collider (LHC). Current LHC searches focus on resonances
signatures on various new physics models, and various simplified models, which can not be
exhaustively searched. In this bottom-up EFT approach, the new resonances are organized
by the mass dimension of the effective operators. Truncated to certain mass dimension,
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Type: BL
4

Of1 = 1
24Y[ BL

]BLλµBLλρBLµνBLνρ.
group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, BL2} {BL3, BL4}
* (2, 1, 1, 0) −64Of1
* (0, 1, 1, 0) 16Of1

Table 6. UV resonance of type BL
4. “*” in front of each row indicates topologies with nonrenormal-

izable vertices. The UV resonances colored in gray are eliminated by UV selection.

such as dimension 8, only limited new resonances contribute to physical processes at the
LHC. Thus only searching for such new resonances would be enough. In summary, we
believe our results on listing UV resonances would benefit the phenomenology community
in the future LHC searches.
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A UV list for operators involving 4 particles

In the following, we present the comprehensive results of the j-basis operators of dimension-8
SMEFT for each type of operators, and for each partition. The j-basis operators are expressed
in terms of the f-basis operators modulo any pieces that can be converted by the field
redefinition and covariant derivative commutator. For those operators with fermion fields,
the flavor indices of fermion are labeled in alphabetic order starting with “p, r, s, t,. . . ”
depending on their order in the appearance in the operator type.
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Type: BL
2WL

2

Of1 = 1
4Y[ BL

]Y[ WL
]BLλρBLµνWL

IλµWL
Iνρ,

Of2 = 1
4Y[ BL

]Y[ WL
]BLµνBLµνWL

IλρWL
Iλρ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, BL2} {WL3,WL4}
* (2, 1, 1, 0) 48Of1 − 4Of2
* (0, 1, 1, 0) 4Of2

{BL1,WL3} {BL2,WL4} Oj

* (2, 1, 3, 0) 8Of1 − 14Of2
* (1, 1, 3, 0) 8Of1 + 2Of2
* (0, 1, 3, 0) −8Of1 + 2Of2

Table 7. UV resonance of type BL
2WL

2. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: WL
4

Of1 = 1
24Y[ WL

]WL
IµνWL

IνρWL
JλµWL

Jλρ,

Of2 = 1
24Y[ WL

]WL
IλρWL

IµνWL
JλρWL

Jµν .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{WL1,WL2} {WL3,WL4}
* (2, 1, 5, 0) 352Of1 + 24Of2
* (0, 1, 5, 0) 32Of1 + 24Of2
* (2, 1, 1, 0) −32Of1 − 24Of2
* (0, 1, 1, 0) −16Of1
* (1, 1, 3, 0) 32Of1 + 8Of2

Table 8. UV resonance of type WL
4. “*” in front of each row indicates topologies with nonrenormal-

izable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: BL
2GL

2

Of1 = 1
4Y[ BL

]Y[ GL
]BLλρBLµνGLAλµGLAνρ,

Of2 = 1
4Y[ BL

]Y[ GL
]BLµνBLµνGLAλρGLAλρ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, BL2} {GL3, GL4}
* (2, 1, 1, 0) −48Of1 + 4Of2
* (0, 1, 1, 0) −4Of2

{BL1, GL3} {BL2, GL4} Oj

* (2, 8, 1, 0) −8Of1 + 14Of2
* (1, 8, 1, 0) −8Of1 − 2Of2
* (0, 8, 1, 0) 8Of1 − 2Of2

Table 9. UV resonance of type BL
2GL

2. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: GL
2WL

2

Of1 = 1
4Y[ GL

]Y[ WL
]GLAλρGLAµνWL

IλµWL
Iνρ,

Of2 = 1
4Y[ GL

]Y[ WL
]GLAµνGLAµνWL

IλρWL
Iλρ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{GL1, GL2} {WL3,WL4}
* (2, 1, 1, 0) 48Of1 − 4Of2
* (0, 1, 1, 0) 4Of2

{GL1,WL3} {GL2,WL4} Oj

* (2, 8, 3, 0) 8Of1 − 14Of2
* (1, 8, 3, 0) 8Of1 + 2Of2
* (0, 8, 3, 0) −8Of1 + 2Of2

Table 10. UV resonance of type GL
2WL

2. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: BLGL
3

Of1 = 1
6Y[ GL

]BLµνdABCGLAλρGLBνρGLCλµ.
group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, GL2} {GL3, GL4}
* (2, 8, 1, 0) −64Of1
* (0, 8, 1, 0) 16Of1

Table 11. UV resonance of type BLGL
3. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: GL
4

Of1 = 1
24Y[ GL

]dABEdCDEGLAµνGLBλρGLCνρGLDλµ,
Of2 = 1

24Y[ GL
]dABEdCDEGLAµνGLBµνGLCλρGLDλρ,

Of3 = 1
24Y[ GL

]fABEfCDEGLAµνGLBλρGLCµνGLDλρ.
group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{GL1, GL2} {GL3, GL4}
* (2, 27, 1, 0) 522Of1 − 387

2 O
f
2 − 125Of3

* (0, 27, 1, 0) −90Of1 + 117
2 O

f
2 − 25Of3

* (1, 10, 1, 0) −12iOf1 − 3iOf2 + 10i
3 O

f
3

* (1, 10, 1, 0) 12iOf1 + 3iOf2 − 10i
3 O

f
3

* (2, 1, 1, 0) −24Of1 + 42Of2 − 20Of3
* (0, 1, 1, 0) 24Of1 − 6Of2 − 4Of3
* (2, 8, 1, 0) −48Of1 + 4Of2
* (1, 8, 1, 0) −8Of3
* (0, 8, 1, 0) −4Of2

Table 12. UV resonance of type GL
4. “*” in front of each row indicates topologies with nonrenor-

malizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: BLDLL†WL

Of1 = i((DνLpi)σµL†
r
j)τ I ijBLλνWL

Iλµ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1,WL2} {L3, L
†
4}

* (1, 1, 3, 0) −4Of1
{BL1, L3} {WL2, L

†
4} Oj

* (3
2 , 1, 2,−

1
2) −4Of1

{BL1, L
†
4} {WL2, L3} Oj

* (3
2 , 1, 2,

1
2) −4Of1

Table 13. UV resonance of type BLDLL
†WL. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: BLDQQ†WL

Of1 = i((DνQp
ai)σµQ†

r
aj)τ I ijBLλνWL

Iλµ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1,WL2} {Q3, Q
†
4}

* (1, 1, 3, 0) −4Of1
{BL1, Q3} {WL2, Q

†
4} Oj

* (3
2 , 3, 2,

1
6) −4Of1

{BL1, Q
†
4} {WL2, Q3} Oj

* (3
2 , 3, 2,−

1
6) −4Of1

Table 14. UV resonance of type BLDQQ
†WL. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: DLL†WL
2

Of1 = 1
2Y[ WL

]ϵIJKiτKijWL
IλνWL

Jλµ((DνLpi)σµL†
r
j).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{WL1,WL2} {L3, L
†
4}

* (1, 1, 3, 0) −4Of1
{WL1, L3} {WL2, L

†
4} Oj

* (3
2 , 1, 4,−

1
2) −4Of1

* (3
2 , 1, 2,−

1
2) −4Of1

Table 15. UV resonance of type DLL†WL
2. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: DQQ†WL
2

Of1 = 1
2Y[ WL

]ϵIJKiτKijWL
IλνWL

Jλµ((DνQp
ai)σµQ†

r
aj).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{WL1,WL2} {Q3, Q
†
4}

* (1, 1, 3, 0) −4Of1
{WL1, Q3} {WL2, Q

†
4} Oj

* (3
2 , 3, 4,

1
6) −4Of1

* (3
2 , 3, 2,

1
6) −4Of1

Table 16. UV resonance of type DQQ†WL
2. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: BLDdCdC
†GL

Of1 = i((DνdCp
a)σµdC†

rb)λA
b
aBL

λνGL
Aλµ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, GL2} {dC3, dC
†
4}

* (1, 8, 1, 0) 4Of1
{BL1, dC3} {GL2, dC

†
4} Oj

* (3
2 , 3, 1,

1
3) 4Of1

{BL1, dC
†
4} {GL2, dC3} Oj

* (3
2 , 3, 1,−

1
3) 4Of1

Table 17. UV resonance of type BLDdCdC
†GL. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: BLDGLuCuC
†

Of1 = i((DνuCp
a)σµuC†

rb)λA
b
aBL

λνGL
Aλµ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, GL2} {uC3, uC
†
4}

* (1, 8, 1, 0) 4Of1
{BL1, uC3} {GL2, uC

†
4} Oj

* (3
2 , 3, 1,−

2
3) 4Of1

{BL1, uC
†
4} {GL2, uC3} Oj

* (3
2 , 3, 1,

2
3) 4Of1

Table 18. UV resonance of type BLDGLuCuC
†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: BLDGLQQ†

Of1 = i((DνQp
ai)σµQ†

r
bi)λAabBLλνGLAλµ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, GL2} {Q3, Q
†
4}

* (1, 8, 1, 0) −4Of1
{BL1, Q3} {GL2, Q

†
4} Oj

* (3
2 , 3, 2,

1
6) −4Of1

{BL1, Q
†
4} {GL2, Q3} Oj

* (3
2 , 3, 2,−

1
6) −4Of1

Table 19. UV resonance of type BLDGLQQ
†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: DGLQQ†WL

Of1 = i((DνQp
ai)σµQ†

r
bj)λAabτ I

i
jGL

AλνWL
Iλµ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{GL1,WL2} {Q3, Q
†
4}

* (1, 8, 3, 0) −4Of1
{GL1, Q3} {WL2, Q

†
4} Oj

* (3
2 , 3, 2,

1
6) −4Of1

{GL1, Q
†
4} {WL2, Q3} Oj

* (3
2 , 3, 2,−

1
6) −4Of1

Table 20. UV resonance of type DGLQQ
†WL. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

– 38 –



J
H
E
P
0
5
(
2
0
2
4
)
2
3
8

Type: DdCdC
†GL

2

Of1 = 1
2Y[ GL

]fABCGLAλνGLBλµiλC
b
a((DνdCp

a)σµdC†
rb).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{GL1, GL2} {dC3, dC
†
4}

* (1, 8, 1, 0) 4Of1
{GL1, dC3} {GL2, dC

†
4} Oj

* (3
2 , 15, 1, 1

3) 4Of1
* (3

2 , 6, 1,
1
3) 4Of1

* (3
2 , 3, 1,

1
3) 4Of1

Table 21. UV resonance of type DdCdC†GL
2. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: DGL
2uCuC

†

Of1 = 1
2Y[ GL

]fABCGLAλνGLBλµiλC
b
a((DνuCp

a)σµuC†
rb).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{GL1, GL2} {uC3, uC
†
4}

* (1, 8, 1, 0) 4Of1
{GL1, uC3} {GL2, uC

†
4} Oj

* (3
2 , 15, 1,−2

3) 4Of1
* (3

2 , 6, 1,−
2
3) 4Of1

* (3
2 , 3, 1,−

2
3) 4Of1

Table 22. UV resonance of type DGL
2uCuC

†. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: DGL
2QQ†

Of1 = 1
2Y[ GL

]fABCGLAλνGLBλµiλC
a
b ((DνQp

ai)σµQ†
r
bi).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{GL1, GL2} {Q3, Q
†
4}

* (1, 8, 1, 0) −4Of1
{GL1, Q3} {GL2, Q

†
4} Oj

* (3
2 , 15, 2, 1

6) −4Of1
* (3

2 , 6, 2,
1
6) −4Of1

* (3
2 , 3, 2,

1
6) −4Of1

Table 23. UV resonance of type DGL
2QQ†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: D2dCeCuC
2

Of1 = 1
2Y[ s t ](ϵabc((DµeCr)(DµuCt

c))(dCpauCsb)),

Of2 = 1
2Y[ s

t
](ϵabc((DµuCs

b)(DµuCt
c))(dCpaeCr)),

Of3 = 1
2Y[ s

t
](ϵabc((DµeCr)(DµuCt

c))(dCpauCsb)).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{dC1, eC2} {uC3, uC4}
* (2, 3, 1, 4

3) −4Of2 + 12Of3
* (1, 3, 1, 4

3) −4Of1
(0, 3, 1, 4

3) −2Of2
{dC1, uC3} {eC2, uC4} Oj

* (2, 3, 1,−1
3) −10Of1 + 6Of2 + 2Of3

* (1, 3, 1,−1
3) −2Of1 − 2Of2 + 2Of3

(0, 3, 1,−1
3) −2Of1 − 2Of3

Table 24. UV resonance of type D2dCeCuC
2. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: D2eCLQuC

Of1 = ϵij((DµQs
aj)(DµuCt

a))(eCpLri),
Of2 = ϵij((DµLri)(DµuCt

a))(eCpQsaj),
Of3 = iϵij((DµQs

aj)(DνuCt
a))(eCpσµνLri).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{eC1, L2} {Q3, uC4}
* (2, 1, 2, 1

2) 4Of1 − 12Of2 − 6Of3
* (1, 1, 2, 1

2) −2Of3
(0, 1, 2, 1

2) 2Of1
{eC1, Q3} {L2, uC4} Oj

* (2, 3, 2, 7
6) −6Of1 − 2Of2 − 6Of3

* (1, 3, 2, 7
6) 2Of1 − 2Of2 − 2Of3

(0, 3, 2, 7
6) 2Of2

{eC1, uC4} {L2, Q3} Oj

* (2, 3, 1, 1
3) 6Of1 + 2Of2 − 4Of3

* (1, 3, 1, 1
3) −2Of1 + 2Of2

(0, 3, 1, 1
3) −2Of2 − 2Of3

Table 25. UV resonance of type D2eCLQuC. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: D2dCQ2uC

Of1 = 1
2Y[ r s ](ϵij((DµQs

aj)(DµuCt
b))(dCpaQrbi)),

Of2 = 1
2Y[ r s ](ϵij((DµQr

bi)(DµuCt
b))(dCpaQsaj)),

Of3 = 1
2Y[ r s ]ϵiji((DµQs

aj)(DνuCt
b))(dCpaσµνQrbi),

Of4 = 1
2Y[ r

s
](ϵij((DµQs

aj)(DµuCt
b))(dCpaQrbi)),

Of5 = 1
2Y[ r

s
](ϵij((DµQr

bi)(DµuCt
b))(dCpaQsaj)),

Of6 = 1
2Y[ r

s
]ϵiji((DµQs

aj)(DνuCt
b))(dCpaσµνQrbi).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{dC1, Q2} {Q3, uC4}
* (2, 8, 2, 1

2) 6Of1 − 38Of2 − 24Of3 + 18Of4 − 34Of5 − 12Of6
* (1, 8, 2, 1

2) 2Of1 − 2Of2 − 8Of3 − 2Of4 + 2Of5 − 4Of6
(0, 8, 2, 1

2) 6Of1 + 2Of2 + 6Of4 − 2Of5
* (2, 1, 2, 1

2) 6Of1 + 2Of2 + 6Of3 − 6Of4 − 2Of5 − 6Of6
* (1, 1, 2, 1

2) −2Of1 + 2Of2 + 2Of3 + 2Of4 − 2Of5 − 2Of6
(0, 1, 2, 1

2) −2Of2 + 2Of5
{dC1, uC4} {Q2, Q3} Oj

* (2, 6, 1,−1
3) 12Of4 + 4Of5 − 8Of6

* (1, 6, 1,−1
3) −4Of1 + 4Of2

(0, 6, 1,−1
3) −4Of5 − 4Of6

* (2, 3, 1,−1
3) −12Of1 − 4Of2 + 8Of3

* (1, 3, 1,−1
3) 4Of4 − 4Of5

(0, 3, 1,−1
3) 4Of2 + 4Of3

Table 26. UV resonance of type D2dCQ
2uC. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: D2LQ3

Of1 = 1
6Y[ r s t ]ϵabcϵikϵjl((DµQs

bk)(DµQt
cl))(LpiQr

aj),

Of2 = 1
3Y[ r s

t
]ϵabcϵikϵjl((DµQs

bk)(DµQt
cl))(LpiQr

aj),

Of3 = 1
3Y[ r s

t
]ϵabcϵijϵkl((DµQs

bk)(DµQt
cl))(LpiQr

aj),

Of4 = 1
6Y[

r
s
t

]ϵabcϵikϵjl((DµQs
bk)(DµQt

cl))(LpiQr
aj).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{L1, Q2} {Q3, Q4}
* (2, 3, 3,−1

3) −20Of4 +Of2 (−2 + 2(st)) +Of3 (−8 + 8(st))
* (1, 3, 3,−1

3) 12Of1 +Of2 (−6− 6(st))
(0, 3, 3,−1

3) −4Of4 +Of3 (2− 2(st)) +Of2 (−4 + 4(st))
* (2, 3, 1,−1

3) 20Of1 +Of2 (18 + 18(st)) +Of3 (−8− 8(st))
* (1, 3, 1,−1

3) 4Of4 +Of2 (−2 + 2(st))
(0, 3, 1,−1

3) 4Of1 +Of3 (2 + 2(st))

Table 27. UV resonance of type D2LQ3. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: BLD2eCH†L

Of1 = i(eCpσµν(DλLri))(DνH†i)BLλµ,
Of2 = (eCp(DµLri))(DνH

†i)BLµν .
group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, eC2} {L3, H
†
4}

* (3
2 , 1, 1, 1) 2Of1 + 10Of2

* (1
2 , 1, 1, 1) 2Of1 − 2Of2

{BL1, L3} {eC2, H
†
4} Oj

* (3
2 , 1, 2,−

1
2) −2Of1 + 10Of2

* (1
2 , 1, 2,−

1
2) 2Of1 + 2Of2

{BL1, H
†
4} {eC2, L3} Oj

* (2, 1, 2,−1
2) 4Of1

* (1, 1, 2,−1
2) 4Of2

Table 28. UV resonance of type BLD
2eCH

†L. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: BLD2dCH†Q

Of1 = i(dCpaσµν(DλQr
ai))(DνH†i)BLλµ,

Of2 = (dCpa(DµQr
ai))(DνH

†i)BLµν .
group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, dC2} {Q3, H
†
4}

* (3
2 , 3, 1,

1
3) 2Of1 + 10Of2

* (1
2 , 3, 1,

1
3) 2Of1 − 2Of2

{BL1, Q3} {dC2, H
†
4} Oj

* (3
2 , 3, 2,

1
6) −2Of1 + 10Of2

* (1
2 , 3, 2,

1
6) 2Of1 + 2Of2

{BL1, H
†
4} {dC2, Q3} Oj

* (2, 1, 2,−1
2) 4Of1

* (1, 1, 2,−1
2) 4Of2

Table 29. UV resonance of type BLD
2dCH

†Q. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: BLD2HQuC

Of1 = iϵij(Qpaiσµν(DλuCr
a))(DνHj)BLλµ,

Of2 = ϵij(Qpai(DµuCr
a))(DνHj)BLµν .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, Q2} {uC3, H4}
* (3

2 , 3, 2,
1
6) 2Of1 + 10Of2

* (1
2 , 3, 2,

1
6) 2Of1 − 2Of2

{BL1, uC3} {Q2, H4} Oj

* (3
2 , 3, 1,−

2
3) −2Of1 + 10Of2

* (1
2 , 3, 1,−

2
3) 2Of1 + 2Of2

{BL1, H4} {Q2, uC3} Oj

* (2, 1, 2, 1
2) 4Of1

* (1, 1, 2, 1
2) 4Of2

Table 30. UV resonance of type BLD
2HQuC. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: D2eCH†LWL

Of1 = i(eCpσµν(DλLri))(DνH†j)τ I ijWL
Iλµ,

Of2 = (eCp(DµLri))(DνH
†j)τ I ijWL

Iµν .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{WL1, eC2} {L3, H
†
4}

* (3
2 , 1, 3,−1) 2Of1 + 10Of2

* (1
2 , 1, 3,−1) 2Of1 − 2Of2

{WL1, L3} {eC2, H
†
4} Oj

* (3
2 , 1, 2,

1
2) −2Of1 + 10Of2

* (1
2 , 1, 2,

1
2) 2Of1 + 2Of2

{WL1, H
†
4} {eC2, L3} Oj

* (2, 1, 2, 1
2) 4Of1

* (1, 1, 2, 1
2) 4Of2

Table 31. UV resonance of type D2eCH
†LWL. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: D2dCH†QWL

Of1 = i(dCpaσµν(DλQr
ai))(DνH†j)τ I ijWL

Iλµ,

Of2 = (dCpa(DµQr
ai))(DνH

†j)τ I ijWL
Iµν .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{WL1, dC2} {Q3, H
†
4}

* (3
2 , 3, 3,−

1
3) 2Of1 + 10Of2

* (1
2 , 3, 3,−

1
3) 2Of1 − 2Of2

{WL1, Q3} {dC2, H
†
4} Oj

* (3
2 , 3, 2,−

1
6) −2Of1 + 10Of2

* (1
2 , 3, 2,−

1
6) 2Of1 + 2Of2

{WL1, H
†
4} {dC2, Q3} Oj

* (2, 1, 2, 1
2) 4Of1

* (1, 1, 2, 1
2) 4Of2

Table 32. UV resonance of type D2dCH
†QWL. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: D2HQuCWL

Of1 = iϵjk(Qpaiσµν(DλuCr
a))(DνHj)τ I

i
kWL

Iλµ,

Of2 = ϵjk(Qpai(DµuCr
a))(DνHj)τ I

i
kWL

Iµν .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{WL1, Q2} {uC3, H4}
* (3

2 , 3, 2,−
1
6) 2Of1 + 10Of2

* (1
2 , 3, 2,−

1
6) 2Of1 − 2Of2

{WL1, uC3} {Q2, H4} Oj

* (3
2 , 3, 3,

2
3) −2Of1 + 10Of2

* (1
2 , 3, 3,

2
3) 2Of1 + 2Of2

{WL1, H4} {Q2, uC3} Oj

* (2, 1, 2,−1
2) 4Of1

* (1, 1, 2,−1
2) 4Of2

Table 33. UV resonance of type D2HQuCWL. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: D2dCGLH†Q

Of1 = i(dCpaσµν(DλQr
bi))(DνH†i)λAbaGLAλµ,

Of2 = (dCpa(DµQr
bi))(DνH

†i)λAbaGLAµν .
group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{GL1, dC2} {Q3, H
†
4}

* (3
2 , 3, 1,

1
3) 2Of1 + 10Of2

* (1
2 , 3, 1,

1
3) 2Of1 − 2Of2

{GL1, Q3} {dC2, H
†
4} Oj

* (3
2 , 3, 2,−

1
6) −2Of1 + 10Of2

* (1
2 , 3, 2,−

1
6) 2Of1 + 2Of2

{GL1, H
†
4} {dC2, Q3} Oj

* (2, 8, 2, 1
2) 4Of1

* (1, 8, 2, 1
2) 4Of2

Table 34. UV resonance of type D2dCGLH
†Q. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: D2GLHQuC

Of1 = iϵij(Qpaiσµν(DλuCr
b))(DνHj)λA

a
bGL

Aλµ,

Of2 = ϵij(Qpai(DµuCr
b))(DνHj)λA

a
bGL

Aµν .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{GL1, Q2} {uC3, H4}
* (3

2 , 3, 2,
1
6) 2Of1 + 10Of2

* (1
2 , 3, 2,

1
6) 2Of1 − 2Of2

{GL1, uC3} {Q2, H4} Oj

* (3
2 , 3, 1,−

2
3) −2Of1 + 10Of2

* (1
2 , 3, 1,−

2
3) 2Of1 + 2Of2

{GL1, H4} {Q2, uC3} Oj

* (2, 8, 2, 1
2) 4Of1

* (1, 8, 2, 1
2) 4Of2

Table 35. UV resonance of type D2GLHQuC. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: BL
2D2HH†

Of1 = 1
2Y[ BL

]BLλνBLνλ(DµHi)(DµH†i).
group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, BL2} {H3, H
†
4}

* (0, 1, 1, 0) −4Of1
{BL1, H3} {BL2, H

†
4} Oj

* (2, 1, 2, 1
2) 10Of1

* (1, 1, 2, 1
2) −2Of1

Table 36. UV resonance of type BL
2D2HH†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: BLD2HH†WL

Of1 = (DµHi)(DµH†j)τ I ijBLνλWL
Iλν ,

Of2 = (DµHi)(DνH
†j)τ I ijBLλνWL

Iλµ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1,WL2} {H3, H
†
4}

* (1, 1, 3, 0) −4Of1 − 16Of2
* (0, 1, 3, 0) −4Of1

{BL1, H3} {WL2, H
†
4} Oj

* (2, 1, 2, 1
2) 4Of1 − 24Of2

* (1, 1, 2, 1
2) −4Of1 − 8Of2

{BL1, H
†
4} {WL2, H3} Oj

* (2, 1, 2,−1
2) −16Of1 − 24Of2

* (1, 1, 2,−1
2) −8Of2

Table 37. UV resonance of type BLD
2HH†WL. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: D2HH†WL
2

Of1 = 1
2Y[ WL

]WL
IλνWL

Iνλ(DµHi)(DµH†i),
Of2 = 1

2Y[ WL
]ϵIJKτKijWL

IλνWL
Jλµ(DµHi)(DνH

†j).
group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{WL1,WL2} {H3, H
†
4}

* (1, 1, 3, 0) −16Of2
* (0, 1, 1, 0) −4Of1

{WL1, H3} {WL2, H
†
4} Oj

* (2, 1, 4, 1
2) −20iOf1 − 24Of2

* (1, 1, 4, 1
2) 4iOf1 − 8Of2

* (2, 1, 2, 1
2) 10iOf1 − 24Of2

* (1, 1, 2, 1
2) −2iOf1 − 8Of2

Table 38. UV resonance of type D2HH†WL
2. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: D2GL
2HH†

Of1 = 1
2Y[ GL

]GLAλνGLAνλ(DµHi)(DµH†i).
group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{GL1, GL2} {H3, H
†
4}

* (0, 1, 1, 0) −4Of1
{GL1, H3} {GL2, H

†
4} Oj

* (2, 8, 2, 1
2) 10Of1

* (1, 8, 2, 1
2) −2Of1

Table 39. UV resonance of type D2GL
2HH†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: BL
2BR

2

Of1 = BL
λρBL

µνBR
λ
µBR

ν
ρ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, BL2} {BR3, BR4}
* (0, 1, 1, 0) 16Of1

{BL1, BR3} {BL2, BR4} Oj

* (2, 1, 1, 0) 16Of1

Table 40. UV resonance of type BL
2BR

2. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: BL
2WR

2

Of1 = BL
λρBL

µνWR
Iλ
µ WR

Iν
ρ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, BL2} {WR3,WR4}
* (0, 1, 1, 0) −16Of1

{BL1,WR3} {BL2,WR4} Oj

* (2, 1, 3, 0) −16Of1

Table 41. UV resonance of type BL
2WR

2. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: BLBRWLWR

Of1 = BL
µνBR

ν
ρWL

IλρWR
Iλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1,WL2} {BR3,WR4}
* (0, 1, 3, 0) −16Of1

{BL1, BR3} {WL2,WR4} Oj

* (2, 1, 1, 0) −16Of1
{BL1,WR4} {WL2, BR3} Oj

* (2, 1, 3, 0) −16Of1

Table 42. UV resonance of type BLBRWLWR. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: BL
2GR

2

Of1 = BL
λρBL

µνGR
Aλ
µ GR

Aν
ρ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, BL2} {GR3, GR4}
* (0, 1, 1, 0) 16Of1

{BL1, GR3} {BL2, GR4} Oj

* (2, 8, 1, 0) 16Of1

Table 43. UV resonance of type BL
2GR

2. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: BLBRGLGR

Of1 = BL
µνBR

ν
ρGL

AλρGR
Aλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, GL2} {BR3, GR4}
* (0, 8, 1, 0) 16Of1

{BL1, BR3} {GL2, GR4} Oj

* (2, 1, 1, 0) 16Of1
{BL1, GR4} {GL2, BR3} Oj

* (2, 8, 1, 0) 16Of1

Table 44. UV resonance of type BLBRGLGR. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: WL
2WR

2

Of1 = 1
4Y[ WL

]Y[ WR
]WL

IµνWL
JλρWR

Iν
ρ WR

Jλ
µ ,

Of2 = 1
4Y[ WL

]Y[ WR
]WL

IλρWL
IµνWR

Kλ
µ WR

Kν
ρ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{WL1,WL2} {WR3,WR4}
* (0, 1, 5, 0) −96Of1 + 32Of2
* (0, 1, 1, 0) −16Of2

{WL1,WR3} {WL2,WR4} Oj

* (2, 1, 5, 0) −16Of1 − 48Of2
* (2, 1, 1, 0) −16Of1
* (2, 1, 3, 0) −16Of1 + 16Of2

Table 45. UV resonance of type WL
2WR

2. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: GR
2WL

2

Of1 = GR
Aλ
µ GR

Aν
ρ WL

IλρWL
Iµν .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{WL1,WL2} {GR3, GR4}
* (0, 1, 1, 0) −16Of1

{WL1, GR3} {WL2, GR4} Oj

* (2, 8, 3, 0) −16Of1

Table 46. UV resonance of type GR
2WL

2. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: GLGRWLWR

Of1 = GL
AµνGR

Aν
ρ WL

IλρWR
Iλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{GL1,WL2} {GR3,WR4}
* (0, 8, 3, 0) −16Of1

{GL1, GR3} {WL2,WR4} Oj

* (2, 1, 1, 0) −16Of1
{GL1,WR4} {WL2, GR3} Oj

* (2, 8, 3, 0) −16Of1

Table 47. UV resonance of type GLGRWLWR. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: BLGLGR
2

Of1 = 1
2Y[ GR

]BLµνdABCGLAλρGRBνρ GR
Cλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, GL2} {GR3, GR4}
* (0, 8, 1, 0) 16Of1

{BL1, GR3} {GL2, GR4} Oj

* (2, 8, 1, 0) 16Of1

Table 48. UV resonance of type BLGLGR
2. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

– 52 –



J
H
E
P
0
5
(
2
0
2
4
)
2
3
8

Type: GL
2GR

2

Of1 = 1
4Y[ GL

]Y[ GR
]dABEdCDEGLAµνGLBλρGRCνρ GR

Dλ
µ ,

Of2 = 1
4Y[ GL

]Y[ GR
]GLAλρGLAµνGRCλµ GR

Cν
ρ ,

Of3 = 1
4Y[ GL

]Y[ GR
]GLAµνGLBλρGRAνρ GR

Bλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{GL1, GL2} {GR3, GR4}
* (0, 27, 1, 0) 96Of1 + 20Of2 − 160Of3
* (0, 1, 1, 0) 16Of2
* (0, 8, 1, 0) 16Of1

{GL1, GR3} {GL2, GR4} Oj

* (2, 27, 1, 0) −48
5 O

f
1 − 64

5 O
f
2 − 28

5 O
f
3

* (2, 10, 1, 0) 12Of1 − 8Of2 + 4Of3
* (2, 10, 1, 0) 12Of1 − 8Of2 + 4Of3
* (2, 1, 1, 0) 16Of3

* (2, 8, 1, 0)
−8Of1 + 8

3O
f
2 + 16

3 O
f
3

16Of1 + 32
3 O

f
2 − 32

3 O
f
3

Table 49. UV resonance of type GL
2GR

2. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: BLBRDeCeC
†

Of1 = i(eCpσµ(DνeC
†
r))BLλνBRλµ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, eC2} {eC†
3, BR4}

* (1
2 , 1, 1, 1) 4Of1

{BL1, eC
†
3} {eC2, BR4} Oj

* (3
2 , 1, 1,−1) 4Of1

{BL1, BR4} {eC2, eC
†
3} Oj

* (2, 1, 1, 0) 4Of1

Table 50. UV resonance of type BLBRDeCeC
†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: BLBRDLL†

Of1 = i(Lpiσµ(DνL
†
r
i))BLλνBRλµ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, L2} {L†
3, BR4}

* (1
2 , 1, 2,−

1
2) −4Of1

{BL1, L
†
3} {L2, BR4} Oj

* (3
2 , 1, 2,

1
2) −4Of1

{BL1, BR4} {L2, L
†
3} Oj

* (2, 1, 1, 0) −4Of1

Table 51. UV resonance of type BLBRDLL
†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: BLDLL†WR

Of1 = i(Lpiσµ(DνL
†
r
j))τ I ijBLλνWR

Iλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, L2} {L†
3,WR4}

* (1
2 , 1, 2,−

1
2) −4Of1

{BL1, L
†
3} {L2,WR4} Oj

* (3
2 , 1, 2,

1
2) −4Of1

{BL1,WR4} {L2, L
†
3} Oj

* (2, 1, 3, 0) −4Of1

Table 52. UV resonance of type BLDLL
†WR. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: BLBRDdCdC
†

Of1 = i(dCpaσµ(DνdC
†
ra))BLλνBRλµ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, dC2} {dC†
3, BR4}

* (1
2 , 3, 1,

1
3) 4Of1

{BL1, dC
†
3} {dC2, BR4} Oj

* (3
2 , 3, 1,−

1
3) 4Of1

{BL1, BR4} {dC2, dC
†
3} Oj

* (2, 1, 1, 0) 4Of1

Table 53. UV resonance of type BLBRDdCdC
†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: BLBRDuCuC
†

Of1 = i(uCpaσµ(DνuC
†
ra))BLλνBRλµ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, uC2} {uC†
3, BR4}

* (1
2 , 3, 1,−

2
3) 4Of1

{BL1, uC
†
3} {uC2, BR4} Oj

* (3
2 , 3, 1,

2
3) 4Of1

{BL1, BR4} {uC2, uC
†
3} Oj

* (2, 1, 1, 0) 4Of1

Table 54. UV resonance of type BLBRDuCuC
†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: BLDdCdC
†GR

Of1 = i(dCpaσµ(DνdC
†
rb))λA

b
aBL

λνGR
Aλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, dC2} {dC†
3, GR4}

* (1
2 , 3, 1,

1
3) 4Of1

{BL1, dC
†
3} {dC2, GR4} Oj

* (3
2 , 3, 1,−

1
3) 4Of1

{BL1, GR4} {dC2, dC
†
3} Oj

* (2, 8, 1, 0) 4Of1

Table 55. UV resonance of type BLDdCdC
†GR. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: BLDGRuCuC
†

Of1 = i(uCpaσµ(DνuC
†
rb))λA

b
aBL

λνGR
Aλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, uC2} {uC†
3, GR4}

* (1
2 , 3, 1,−

2
3) 4Of1

{BL1, uC
†
3} {uC2, GR4} Oj

* (3
2 , 3, 1,

2
3) 4Of1

{BL1, GR4} {uC2, uC
†
3} Oj

* (2, 8, 1, 0) 4Of1

Table 56. UV resonance of type BLDGRuCuC
†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: BLBRDQQ†

Of1 = i(Qpaiσµ(DνQ
†
r
ai))BLλνBRλµ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, Q2} {Q†
3, BR4}

* (1
2 , 3, 2,

1
6) −4Of1

{BL1, Q
†
3} {Q2, BR4} Oj

* (3
2 , 3, 2,−

1
6) −4Of1

{BL1, BR4} {Q2, Q
†
3} Oj

* (2, 1, 1, 0) −4Of1

Table 57. UV resonance of type BLBRDQQ
†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: BLDQQ†WR

Of1 = i(Qpaiσµ(DνQ
†
r
aj))τ I ijBLλνWR

Iλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, Q2} {Q†
3,WR4}

* (1
2 , 3, 2,

1
6) −4Of1

{BL1, Q
†
3} {Q2,WR4} Oj

* (3
2 , 3, 2,−

1
6) −4Of1

{BL1,WR4} {Q2, Q
†
3} Oj

* (2, 1, 3, 0) −4Of1

Table 58. UV resonance of type BLDQQ
†WR. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

– 57 –



J
H
E
P
0
5
(
2
0
2
4
)
2
3
8

Type: BLDGRQQ†

Of1 = i(Qpaiσµ(DνQ
†
r
bi))λAabBLλνGRAλµ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, Q2} {Q†
3, GR4}

* (1
2 , 3, 2,

1
6) −4Of1

{BL1, Q
†
3} {Q2, GR4} Oj

* (3
2 , 3, 2,−

1
6) −4Of1

{BL1, GR4} {Q2, Q
†
3} Oj

* (2, 8, 1, 0) −4Of1

Table 59. UV resonance of type BLDGRQQ
†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: DeCeC
†WLWR

Of1 = i(eCpσµ(DνeC
†
r))WL

IλνWR
Iλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{WL1, eC2} {eC†
3,WR4}

* (1
2 , 1, 3,−1) −4Of1

{WL1, eC
†
3} {eC2,WR4} Oj

* (3
2 , 1, 3, 1) −4Of1

{WL1,WR4} {eC2, eC
†
3} Oj

* (2, 1, 1, 0) −4Of1

Table 60. UV resonance of type DeCeC†WLWR. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: DLL†WLWR

Of1 = iϵIJK(Lpiσµ(DνL
†
r
j))τKijWL

IλνWR
Jλ
µ ,

Of2 = i(Lpiσµ(DνL
†
r
i))WL

IλνWR
Iλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{WL1, L2} {L†
3,WR4}

* (1
2 , 1, 4,

1
2) −4iOf1 − 8Of2

* (1
2 , 1, 2,

1
2) 4iOf1 − 4Of2

{WL1, L
†
3} {L2,WR4} Oj

* (3
2 , 1, 4,−

1
2) 4iOf1 − 8Of2

* (3
2 , 1, 2,−

1
2) −4iOf1 − 4Of2

{WL1,WR4} {L2, L
†
3} Oj

* (2, 1, 3, 0) −4Of1
* (2, 1, 1, 0) −4Of2

Table 61. UV resonance of type DLL†WLWR. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: DdCdC
†WLWR

Of1 = i(dCpaσµ(DνdC
†
ra))WL

IλνWR
Iλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{WL1, dC2} {dC†
3,WR4}

* (1
2 , 3, 3,−

1
3) −4Of1

{WL1, dC
†
3} {dC2,WR4} Oj

* (3
2 , 3, 3,

1
3) −4Of1

{WL1,WR4} {dC2, dC
†
3} Oj

* (2, 1, 1, 0) −4Of1

Table 62. UV resonance of type DdCdC†WLWR. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: DuCuC
†WLWR

Of1 = i(uCpaσµ(DνuC
†
ra))WL

IλνWR
Iλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{WL1, uC2} {uC†
3,WR4}

* (1
2 , 3, 3,

2
3) −4Of1

{WL1, uC
†
3} {uC2,WR4} Oj

* (3
2 , 3, 3,−

2
3) −4Of1

{WL1,WR4} {uC2, uC
†
3} Oj

* (2, 1, 1, 0) −4Of1

Table 63. UV resonance of type DuCuC†WLWR. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: DQQ†WLWR

Of1 = iϵIJK(Qpaiσµ(DνQ
†
r
aj))τKijWL

IλνWR
Jλ
µ ,

Of2 = i(Qpaiσµ(DνQ
†
r
ai))WL

IλνWR
Iλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{WL1, Q2} {Q†
3,WR4}

* (1
2 , 3, 4,−

1
6) −4iOf1 − 8Of2

* (1
2 , 3, 2,−

1
6) 4iOf1 − 4Of2

{WL1, Q
†
3} {Q2,WR4} Oj

* (3
2 , 3, 4,

1
6) 4iOf1 − 8Of2

* (3
2 , 3, 2,

1
6) −4iOf1 − 4Of2

{WL1,WR4} {Q2, Q
†
3} Oj

* (2, 1, 3, 0) −4Of1
* (2, 1, 1, 0) −4Of2

Table 64. UV resonance of type DQQ†WLWR. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: DGRQQ†WL

Of1 = i(Qpaiσµ(DνQ
†
r
bj))λAabτ I

i
jGR

Aλ
µ WL

Iλν .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{WL1, Q2} {Q†
3, GR4}

* (1
2 , 3, 2,−

1
6) −4Of1

{WL1, Q
†
3} {Q2, GR4} Oj

* (3
2 , 3, 2,

1
6) −4Of1

{WL1, GR4} {Q2, Q
†
3} Oj

* (2, 8, 3, 0) −4Of1

Table 65. UV resonance of type DGRQQ
†WL. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: DeCeC
†GLGR

Of1 = i(eCpσµ(DνeC
†
r))GLAλνGRAλµ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{GL1, eC2} {eC†
3, GR4}

* (1
2 , 8, 1,−1) 4Of1

{GL1, eC
†
3} {eC2, GR4} Oj

* (3
2 , 8, 1, 1) 4Of1

{GL1, GR4} {eC2, eC
†
3} Oj

* (2, 1, 1, 0) 4Of1

Table 66. UV resonance of type DeCeC†GLGR. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: DGLGRLL†

Of1 = i(Lpiσµ(DνL
†
r
i))GLAλνGRAλµ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{GL1, L2} {L†
3, GR4}

* (1
2 , 8, 2,−

1
2) −4Of1

{GL1, L
†
3} {L2, GR4} Oj

* (3
2 , 8, 2,

1
2) −4Of1

{GL1, GR4} {L2, L
†
3} Oj

* (2, 1, 1, 0) −4Of1

Table 67. UV resonance of type DGLGRLL
†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: DdCdC
†GLGR

Of1 = idABC(dCpaσµ(DνdC
†
rb))λC

b
aGL

AλνGR
Bλ
µ ,

Of2 = ifABC(dCpaσµ(DνdC
†
rb))λC

b
aGL

AλνGR
Bλ
µ ,

Of3 = i(dCpaσµ(DνdC
†
ra))GLAλνGRAλµ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{GL1, dC2} {dC†
3, GR4}

* (1
2 , 15, 1,−1

3) 6
5O

f
1 − 2iOf2 + 4Of3

* (1
2 , 6, 1,−

1
3) −6Of1 + 2iOf2 + 4Of3

* (1
2 , 3, 1,−

1
3) 6Of1 + 6iOf2 + 4Of3

{GL1, dC
†
3} {dC2, GR4} Oj

* (3
2 , 15, 1, 1

3) 6
5O

f
1 + 2iOf2 + 4Of3

* (3
2 , 6, 1,

1
3) −6Of1 − 2iOf2 + 4Of3

* (3
2 , 3, 1,

1
3) 6Of1 − 6iOf2 + 4Of3

{GL1, GR4} {dC2, dC
†
3} Oj

* (2, 8, 1, 0)
4Of2
4Of1

* (2, 1, 1, 0) 4Of3

Table 68. UV resonance of type DdCdC†GLGR. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

– 62 –



J
H
E
P
0
5
(
2
0
2
4
)
2
3
8

Type: DGLGRuCuC
†

Of1 = idABC(uCpaσµ(DνuC
†
rb))λC

b
aGL

AλνGR
Bλ
µ ,

Of2 = ifABC(uCpaσµ(DνuC
†
rb))λC

b
aGL

AλνGR
Bλ
µ ,

Of3 = i(uCpaσµ(DνuC
†
ra))GLAλνGRAλµ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{GL1, uC2} {uC†
3, GR4}

* (1
2 , 15, 1,−2

3) 6
5O

f
1 − 2iOf2 + 4Of3

* (1
2 , 6, 1,−

2
3) −6Of1 + 2iOf2 + 4Of3

* (1
2 , 3, 1,−

2
3) 6Of1 + 6iOf2 + 4Of3

{GL1, uC
†
3} {uC2, GR4} Oj

* (3
2 , 15, 1, 2

3) 6
5O

f
1 + 2iOf2 + 4Of3

* (3
2 , 6, 1,

2
3) −6Of1 − 2iOf2 + 4Of3

* (3
2 , 3, 1,

2
3) 6Of1 − 6iOf2 + 4Of3

{GL1, GR4} {uC2, uC
†
3} Oj

* (2, 8, 1, 0)
4Of2
4Of1

* (2, 1, 1, 0) 4Of3

Table 69. UV resonance of type DGLGRuCuC
†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: DGLGRQQ†

Of1 = idABC(Qpaiσµ(DνQ
†
r
bi))λCabGLAλνGRBλµ ,

Of2 = ifABC(Qpaiσµ(DνQ
†
r
bi))λCabGLAλνGRBλµ ,

Of3 = i(Qpaiσµ(DνQ
†
r
ai))GLAλνGRAλµ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{GL1, Q2} {Q†
3, GR4}

* (1
2 , 15, 2, 1

6) −6
5O

f
1 − 2iOf2 − 4Of3

* (1
2 , 6, 2,

1
6) 6Of1 + 2iOf2 − 4Of3

* (1
2 , 3, 2,

1
6) −6Of1 + 6iOf2 − 4Of3

{GL1, Q
†
3} {Q2, GR4} Oj

* (3
2 , 15, 2,−1

6) −6
5O

f
1 + 2iOf2 − 4Of3

* (3
2 , 6, 2,−

1
6) 6Of1 − 2iOf2 − 4Of3

* (3
2 , 3, 2,−

1
6) −6Of1 − 6iOf2 − 4Of3

{GL1, GR4} {Q2, Q
†
3} Oj

* (2, 8, 1, 0)
−4Of2
−4Of1

* (2, 1, 1, 0) −4Of3

Table 70. UV resonance of type DGLGRQQ
†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: BRD2eCH†L

Of1 = i(DλD
νH†i)(eCpσµνLri)BRλµ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{eC1, L2} {H†
3, BR4}

* (1, 1, 2, 1
2) 2Of1

{eC1, H
†
3} {L2, BR4} Oj

* (3
2 , 1, 2,

1
2) 2Of1

{eC1, BR4} {L2, H
†
3} Oj

* (3
2 , 1, 1, 1) 2Of1

Table 71. UV resonance of type BRD
2eCH

†L. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: D2eCH†LWR

Of1 = i(DλD
νH†j)(eCpσµνLri)τ I

i
jWR

Iλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{eC1, L2} {H†
3,WR4}

* (1, 1, 2, 1
2) 2Of1

{eC1, H
†
3} {L2,WR4} Oj

* (3
2 , 1, 2,

1
2) 2Of1

{eC1,WR4} {L2, H
†
3} Oj

* (3
2 , 1, 3, 1) 2Of1

Table 72. UV resonance of type D2eCH
†LWR. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: BRD2dCH†Q

Of1 = i(DλD
νH†i)(dCpaσµνQrai)BRλµ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{dC1, Q2} {H†
3, BR4}

* (1, 1, 2, 1
2) 2Of1

{dC1, H
†
3} {Q2, BR4} Oj

* (3
2 , 3, 2,−

1
6) 2Of1

{dC1, BR4} {Q2, H
†
3} Oj

* (3
2 , 3, 1,

1
3) 2Of1

Table 73. UV resonance of type BRD
2dCH

†Q. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: D2dCH†QWR

Of1 = i(DλD
νH†j)(dCpaσµνQrai)τ I

i
jWR

Iλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{dC1, Q2} {H†
3,WR4}

* (1, 1, 2, 1
2) 2Of1

{dC1, H
†
3} {Q2,WR4} Oj

* (3
2 , 3, 2,−

1
6) 2Of1

{dC1,WR4} {Q2, H
†
3} Oj

* (3
2 , 3, 3,

1
3) 2Of1

Table 74. UV resonance of type D2dCH
†QWR. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: D2dCGRH†Q

Of1 = i(DλD
νH†i)(dCpaσµνQrbi)λA

b
aGR

Aλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{dC1, Q2} {H†
3, GR4}

* (1, 8, 2, 1
2) 2Of1

{dC1, H
†
3} {Q2, GR4} Oj

* (3
2 , 3, 2,−

1
6) 2Of1

{dC1, GR4} {Q2, H
†
3} Oj

* (3
2 , 3, 1,

1
3) 2Of1

Table 75. UV resonance of type D2dCGRH
†Q. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: BRD2HQuC

Of1 = iϵij(DλD
νHj)(QpaiσµνuCra)BRλµ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{Q1, uC2} {H3, BR4}
* (1, 1, 2, 1

2) 2Of1
{Q1, H3} {uC2, BR4} Oj

* (3
2 , 3, 1,

2
3) 2Of1

{Q1, BR4} {uC2, H3} Oj

* (3
2 , 3, 2,

1
6) 2Of1

Table 76. UV resonance of type BRD
2HQuC. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: D2HQuCWR

Of1 = iϵjk(DλD
νHj)(QpaiσµνuCra)τ I

i
kWR

Iλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{Q1, uC2} {H3,WR4}
* (1, 1, 2, 1

2) 2Of1
{Q1, H3} {uC2,WR4} Oj

* (3
2 , 3, 3,

2
3) 2Of1

{Q1,WR4} {uC2, H3} Oj

* (3
2 , 3, 2,

1
6) 2Of1

Table 77. UV resonance of type D2HQuCWR. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: D2GRHQuC

Of1 = iϵij(DλD
νHj)(QpaiσµνuCrb)λA

a
bGR

Aλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{Q1, uC2} {H3, GR4}
* (1, 8, 2, 1

2) 2Of1
{Q1, H3} {uC2, GR4} Oj

* (3
2 , 3, 1,

2
3) 2Of1

{Q1, GR4} {uC2, H3} Oj

* (3
2 , 3, 2,

1
6) 2Of1

Table 78. UV resonance of type D2GRHQuC. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: D2eC
2eC

†2

Of1 = 1
4Y[ p r ]Y[ s t ](((DµeC

†
s)(DµeC

†
t))(eCpeCr)),

Of2 = 1
4Y[ p

r
]Y[ s

t
](i((DµeC

†
s)(DνeC

†
t))(eCpσµνeCr)).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{eC1, eC2} {eC†
3, eC

†
4}

* (1, 1, 1, 2) 2Of2
(0, 1, 1, 2) −2Of1

{eC1, eC
†
3} {eC2, eC

†
4} Oj

* (2, 1, 1, 0) 5Of1 + 3Of2
(1, 1, 1, 0) −Of1 +Of2

Table 79. UV resonance of type D2eC
2eC

†2. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: D2eCeC
†LL†

Of1 = ((DµeC
†
s)(DµL†

t
i))(eCpLri),

Of2 = i((DµeC
†
s)(DνL†

t
i))(eCpσµνLri).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{eC1, L2} {eC†
3, L

†
4}

* (1, 1, 2, 1
2) −2Of2

(0, 1, 2, 1
2) 2Of1

{eC1, eC
†
3} {L2, L

†
4} Oj

* (2, 1, 1, 0) −5Of1 − 3Of2
(1, 1, 1, 0) Of1 −O

f
2

{eC1, L
†
4} {L2, eC

†
3} Oj

* (2, 1, 2, 3
2) 5Of1 − 3Of2

(1, 1, 2, 3
2) −Of1 −O

f
2

Table 80. UV resonance of type D2eCeC
†LL†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: D2dC
†eCLQ†

Of1 = ((DµdC
†
sa)(DµQ†

t
ai))(eCpLri),

Of2 = i((DµdC
†
sa)(DνQ†

t
ai))(eCpσµνLri).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{eC1, L2} {dC†
3, Q

†
4}

* (1, 1, 2,−1
2) −2Of2

(0, 1, 2,−1
2) 2Of1

{eC1, dC
†
3} {L2, Q

†
4} Oj

* (2, 3, 1, 2
3) −5Of1 − 3Of2

(1, 3, 1, 2
3) Of1 −O

f
2

{eC1, Q
†
4} {L2, dC

†
3} Oj

* (2, 3, 2, 5
6) 5Of1 − 3Of2

(1, 3, 2, 5
6) −Of1 −O

f
2

Table 81. UV resonance of type D2dC
†eCLQ

†. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

– 69 –



J
H
E
P
0
5
(
2
0
2
4
)
2
3
8

Type: D2dCdC
†LL†

Of1 = ((DµdC
†
sa)(DµL†

t
i))(dCpaLri),

Of2 = i((DµdC
†
sa)(DνL†

t
i))(dCpaσµνLri).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{dC1, L2} {dC†
3, L

†
4}

* (1, 3, 2,−1
6) −2Of2

(0, 3, 2,−1
6) 2Of1

{dC1, dC
†
3} {L2, L

†
4} Oj

* (2, 1, 1, 0) −5Of1 − 3Of2
(1, 1, 1, 0) Of1 −O

f
2

{dC1, L
†
4} {L2, dC

†
3} Oj

* (2, 3, 2, 5
6) 5Of1 − 3Of2

(1, 3, 2, 5
6) −Of1 −O

f
2

Table 82. UV resonance of type D2dCdC
†LL†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: D2LL†uCuC
†

Of1 = ((DµL
†
s
i)(DµuC

†
ta))(LpiuCra),

Of2 = i((DµL†
s
i)(DνuC

†
ta))(LpiσµνuCra).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{L1, uC2} {L†
3, uC

†
4}

* (1, 3, 2,−7
6) −2Of2

(0, 3, 2,−7
6) 2Of1

{L1, L
†
3} {uC2, uC

†
4} Oj

* (2, 1, 1, 0) −5Of1 − 3Of2
(1, 1, 1, 0) Of1 −O

f
2

{L1, uC
†
4} {uC2, L

†
3} Oj

* (2, 3, 2, 1
6) 5Of1 − 3Of2

(1, 3, 2, 1
6) −Of1 −O

f
2

Table 83. UV resonance of type D2LL†uCuC
†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

– 70 –



J
H
E
P
0
5
(
2
0
2
4
)
2
3
8

Type: D2eCeC
†QQ†

Of1 = ((DµeC
†
s)(DµQ†

t
ai))(eCpQrai),

Of2 = i((DµeC
†
s)(DνQ†

t
ai))(eCpσµνQrai).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{eC1, Q2} {eC†
3, Q

†
4}

* (1, 3, 2, 7
6) −2Of2

(0, 3, 2, 7
6) 2Of1

{eC1, eC
†
3} {Q2, Q

†
4} Oj

* (2, 1, 1, 0) −5Of1 − 3Of2
(1, 1, 1, 0) Of1 −O

f
2

{eC1, Q
†
4} {Q2, eC

†
3} Oj

* (2, 3, 2, 5
6) 5Of1 − 3Of2

(1, 3, 2, 5
6) −Of1 −O

f
2

Table 84. UV resonance of type D2eCeC
†QQ†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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J
H
E
P
0
5
(
2
0
2
4
)
2
3
8

Type: D2L2L†2

Of1 = 1
4Y[ p r ]Y[ s t ](((DµL

†
s
i)(DµL†

t
j))(LpiLrj)),

Of2 = 1
4Y[ p r ]Y[ s t ](i((DµL†

s
i)(DνL†

t
j))(LpiσµνLrj)),

Of3 = 1
4Y[ p

r
]Y[ s

t
](((DµL

†
s
i)(DµL†

t
j))(LpiLrj)),

Of4 = 1
4Y[ p

r
]Y[ s

t
](i((DµL†

s
i)(DνL†

t
j))(LpiσµνLrj)).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{L1, L2} {L†
3, L

†
4}

* (1, 1, 3,−1) −4Of4
(0, 1, 3,−1) 4Of1

* (1, 1, 1,−1) 4Of2
(0, 1, 1,−1) −4Of3

{L1, L
†
3} {L2, L

†
4} Oj

* (2, 1, 3, 0) −5Of1 + 9Of2 + 15Of3 − 3Of4
(1, 1, 3, 0) Of1 + 3Of2 − 3Of3 −O

f
4

* (2, 1, 1, 0) −5Of1 − 3Of2 − 5Of3 − 3Of4
(1, 1, 1, 0) Of1 −O

f
2 +Of3 −O

f
4

Table 85. UV resonance of type D2L2L†2. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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3
8

Type: D2dCdC
†eCeC

†

Of1 = ((DµdC
†
sa)(DµeC

†
t))(dCpaeCr),

Of2 = i((DµdC
†
sa)(DνeC

†
t))(dCpaσµνeCr).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{dC1, eC2} {dC†
3, eC

†
4}

* (1, 3, 1, 4
3) 2Of2

(0, 3, 1, 4
3) −2Of1

{dC1, dC
†
3} {eC2, eC

†
4} Oj

* (2, 1, 1, 0) 5Of1 + 3Of2
(1, 1, 1, 0) −Of1 +Of2

{dC1, eC
†
4} {eC2, dC

†
3} Oj

* (2, 3, 1,−2
3) −5Of1 + 3Of2

(1, 3, 1,−2
3) Of1 +Of2

Table 86. UV resonance of type D2dCdC
†eCeC

†. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: D2eCeC
†uCuC

†

Of1 = ((DµeC
†
s)(DµuC

†
ta))(eCpuCra),

Of2 = i((DµeC
†
s)(DνuC

†
ta))(eCpσµνuCra).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{eC1, uC2} {eC†
3, uC

†
4}

* (1, 3, 1, 1
3) 2Of2

(0, 3, 1, 1
3) −2Of1

{eC1, eC
†
3} {uC2, uC

†
4} Oj

* (2, 1, 1, 0) 5Of1 + 3Of2
(1, 1, 1, 0) −Of1 +Of2

{eC1, uC
†
4} {uC2, eC

†
3} Oj

* (2, 3, 1, 5
3) −5Of1 + 3Of2

(1, 3, 1, 5
3) Of1 +Of2

Table 87. UV resonance of type D2eCeC
†uCuC

†. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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5
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2
0
2
4
)
2
3
8

Type: D2dC
2dC

†2

Of1 = 1
4Y[ p r ]Y[ s t ](((DµdC

†
sa)(DµdC

†
tb))(dCpadCrb)),

Of2 = 1
4Y[ p r ]Y[ s t ](i((DµdC

†
sa)(DνdC

†
tb))(dCpaσµνdCrb)),

Of3 = 1
4Y[ p

r
]Y[ s

t
](((DµdC

†
sa)(DµdC

†
tb))(dCpadCrb)),

Of4 = 1
4Y[ p

r
]Y[ s

t
](i((DµdC

†
sa)(DνdC

†
tb))(dCpaσµνdCrb)).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{dC1, dC2} {dC†
3, dC

†
4}

* (1, 6, 1, 2
3) 4Of4

(0, 6, 1, 2
3) −4Of1

* (1, 3, 1, 2
3) −4Of2

(0, 3, 1, 2
3) 4Of3

{dC1, dC
†
3} {dC2, dC

†
4} Oj

* (2, 8, 1, 0) −10Of1 + 12Of2 + 20Of3 − 6Of4
(1, 8, 1, 0) 2Of1 + 4Of2 − 4Of3 − 2Of4

* (2, 1, 1, 0) 5Of1 + 3Of2 + 5Of3 + 3Of4
(1, 1, 1, 0) −Of1 +Of2 −O

f
3 +Of4

Table 88. UV resonance of type D2dC
2dC

†2. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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0
5
(
2
0
2
4
)
2
3
8

Type: D2dCdC
†uCuC

†

Of1 = ((DµdC
†
sa)(DµuC

†
tb))(dCpauCrb),

Of2 = i((DµdC
†
sa)(DνuC

†
tb))(dCpaσµνuCrb),

Of3 = ((DµdC
†
sb)(DµuC

†
ta))(dCpauCrb),

Of4 = i((DµdC
†
sb)(DνuC

†
ta))(dCpaσµνuCrb).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{dC1, uC2} {dC†
3, uC

†
4}

* (1, 6, 1,−1
3) 2Of2 + 2Of4

(0, 6, 1,−1
3) −2Of1 − 2Of3

* (1, 3, 1,−1
3) −2Of2 + 2Of4

(0, 3, 1,−1
3) 2Of1 − 2Of3

{dC1, dC
†
3} {uC2, uC

†
4} Oj

* (2, 8, 1, 0) 5Of1 + 3Of2 − 15Of3 − 9Of4
(1, 8, 1, 0) −Of1 +Of2 + 3Of3 − 3Of4

* (2, 1, 1, 0) 5Of1 + 3Of2
(1, 1, 1, 0) −Of1 +Of2

{dC1, uC
†
4} {uC2, dC

†
3} Oj

* (2, 8, 1, 1) −15Of1 + 9Of2 + 5Of3 − 3Of4
(1, 8, 1, 1) 3Of1 + 3Of2 −O

f
3 −O

f
4

* (2, 1, 1, 1) −5Of3 + 3Of4
(1, 1, 1, 1) Of3 +Of4

Table 89. UV resonance of type D2dCdC
†uCuC

†. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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0
5
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2
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)
2
3
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Type: D2uC
2uC

†2

Of1 = 1
4Y[ p r ]Y[ s t ](((DµuC

†
sa)(DµuC

†
tb))(uCpauCrb)),

Of2 = 1
4Y[ p r ]Y[ s t ](i((DµuC

†
sa)(DνuC

†
tb))(uCpaσµνuCrb)),

Of3 = 1
4Y[ p

r
]Y[ s

t
](((DµuC

†
sa)(DµuC

†
tb))(uCpauCrb)),

Of4 = 1
4Y[ p

r
]Y[ s

t
](i((DµuC

†
sa)(DνuC

†
tb))(uCpaσµνuCrb)).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{uC1, uC2} {uC†
3, uC

†
4}

* (1, 6, 1,−4
3) 4Of4

(0, 6, 1,−4
3) −4Of1

* (1, 3, 1,−4
3) −4Of2

(0, 3, 1,−4
3) 4Of3

{uC1, uC
†
3} {uC2, uC

†
4} Oj

* (2, 8, 1, 0) −10Of1 + 12Of2 + 20Of3 − 6Of4
(1, 8, 1, 0) 2Of1 + 4Of2 − 4Of3 − 2Of4

* (2, 1, 1, 0) 5Of1 + 3Of2 + 5Of3 + 3Of4
(1, 1, 1, 0) −Of1 +Of2 −O

f
3 +Of4

Table 90. UV resonance of type D2uC
2uC

†2. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: D2eCQ†2
uC

Of1 = 1
2Y[ s t ]ϵabcϵij((DµQ

†
s
bi)(DµQ†

t
cj))(eCpuCra),

Of2 = 1
2Y[ s

t
]ϵabcϵiji((DµQ†

s
bi)(DνQ†

t
cj))(eCpσµνuCra).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{eC1, uC2} {Q†
3, Q

†
4}

* (1, 3, 1, 1
3) −2Of2

(0, 3, 1, 1
3) 2Of1

{eC1, Q
†
3} {uC2, Q

†
4} Oj

* (2, 3, 2, 5
6) −5Of1 − 3Of2

(1, 3, 2, 5
6) Of1 −O

f
2

Table 91. UV resonance of type D2eCQ
†2
uC. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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3
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Type: D2dCL†Q†uC

Of1 = ϵijϵabc((DµL
†
s
i)(DµQ†

t
cj))(dCpauCrb),

Of2 = iϵijϵabc((DµL†
s
i)(DνQ†

t
cj))(dCpaσµνuCrb).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{dC1, uC2} {L†
3, Q

†
4}

* (1, 3, 1,−1
3) −2Of2

(0, 3, 1,−1
3) 2Of1

{dC1, L
†
3} {uC2, Q

†
4} Oj

* (2, 3, 2, 5
6) −5Of1 − 3Of2

(1, 3, 2, 5
6) Of1 −O

f
2

{dC1, Q
†
4} {uC2, L

†
3} Oj

* (2, 3, 2, 1
6) 5Of1 − 3Of2

(1, 3, 2, 1
6) −Of1 −O

f
2

Table 92. UV resonance of type D2dCL
†Q†uC. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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5
(
2
0
2
4
)
2
3
8

Type: D2LL†QQ†

Of1 = ((DµL
†
s
i)(DµQ†

t
aj))(LpiQr

aj),
Of2 = i((DµL†

s
i)(DνQ†

t
aj))(LpiσµνQr

aj),
Of3 = ((DµL

†
s
j)(DµQ†

t
ai))(LpiQr

aj),
Of4 = i((DµL†

s
j)(DνQ†

t
ai))(LpiσµνQr

aj).
group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{L1, Q2} {L†
3, Q

†
4}

* (1, 3, 3,−1
3) −2Of2 − 2Of4

(0, 3, 3,−1
3) 2Of1 + 2Of3

* (1, 3, 1,−1
3) 2Of2 − 2Of4

(0, 3, 1,−1
3) −2Of1 + 2Of3

{L1, L
†
3} {Q2, Q

†
4} Oj

* (2, 1, 3, 0) 5Of1 + 3Of2 − 10Of3 − 6Of4
(1, 1, 3, 0) −Of1 +Of2 + 2Of3 − 2Of4

* (2, 1, 1, 0) −5Of1 − 3Of2
(1, 1, 1, 0) Of1 −O

f
2

{L1, Q
†
4} {Q2, L

†
3} Oj

* (2, 3, 3,−2
3) −10Of1 + 6Of2 + 5Of3 − 3Of4

(1, 3, 3,−2
3) 2Of1 + 2Of2 −O

f
3 −O

f
4

* (2, 3, 1,−2
3) 5Of3 − 3Of4

(1, 3, 1,−2
3) −Of3 −O

f
4

Table 93. UV resonance of type D2LL†QQ†. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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3
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Type: D2dCdC
†QQ†

Of1 = ((DµdC
†
sa)(DµQ†

t
bi))(dCpaQrbi),

Of2 = i((DµdC
†
sa)(DνQ†

t
bi))(dCpaσµνQrbi),

Of3 = ((DµdC
†
sc)(DµQ†

t
ci))(dCpaQrai),

Of4 = i((DµdC
†
sc)(DνQ†

t
ci))(dCpaσµνQrai).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{dC1, Q2} {dC†
3, Q

†
4}

* (1, 8, 2, 1
2) −6Of2 + 2Of4

(0, 8, 2, 1
2) 6Of1 − 2Of3

* (1, 1, 2, 1
2) −2Of4

(0, 1, 2, 1
2) 2Of3

{dC1, dC
†
3} {Q2, Q

†
4} Oj

* (2, 8, 1, 0) −5Of1 − 3Of2 + 15Of3 + 9Of4
(1, 8, 1, 0) Of1 −O

f
2 − 3Of3 + 3Of4

* (2, 1, 1, 0) −5Of1 − 3Of2
(1, 1, 1, 0) Of1 −O

f
2

{dC1, Q
†
4} {Q2, dC

†
3} Oj

* (2, 6, 2, 1
6) 5Of1 − 3Of2 + 5Of3 − 3Of4

(1, 6, 2, 1
6) −Of1 −O

f
2 −O

f
3 −O

f
4

* (2, 3, 2, 1
6) −5Of1 + 3Of2 + 5Of3 − 3Of4

(1, 3, 2, 1
6) Of1 +Of2 −O

f
3 −O

f
4

Table 94. UV resonance of type D2dCdC
†QQ†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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E
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5
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2
0
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4
)
2
3
8

Type: D2QQ†uCuC
†

Of1 = ((DµQ
†
s
ci)(DµuC

†
tc))(QpaiuCra),

Of2 = i((DµQ†
s
ci)(DνuC

†
tc))(QpaiσµνuCra),

Of3 = ((DµQ
†
s
ai)(DµuC

†
tb))(QpaiuCrb),

Of4 = i((DµQ†
s
ai)(DνuC

†
tb))(QpaiσµνuCrb).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{Q1, uC2} {Q†
3, uC

†
4}

* (1, 8, 2,−1
2) −2Of2 + 6Of4

(0, 8, 2,−1
2) 2Of1 − 6Of3

* (1, 1, 2,−1
2) −2Of2

(0, 1, 2,−1
2) 2Of1

{Q1, Q
†
3} {uC2, uC

†
4} Oj

* (2, 8, 1, 0) −15Of1 − 9Of2 + 5Of3 + 3Of4
(1, 8, 1, 0) 3Of1 − 3Of2 −O

f
3 +Of4

* (2, 1, 1, 0) −5Of3 − 3Of4
(1, 1, 1, 0) Of3 −O

f
4

{Q1, uC
†
4} {uC2, Q

†
3} Oj

* (2, 6, 2, 5
6) 5Of1 − 3Of2 + 5Of3 − 3Of4

(1, 6, 2, 5
6) −Of1 −O

f
2 −O

f
3 −O

f
4

* (2, 3, 2, 5
6) −5Of1 + 3Of2 + 5Of3 − 3Of4

(1, 3, 2, 5
6) Of1 +Of2 −O

f
3 −O

f
4

Table 95. UV resonance of type D2QQ†uCuC
†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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E
P
0
5
(
2
0
2
4
)
2
3
8

Type: D2Q2Q†2

Of
1 = 1

4Y[ p r ]Y[ s t ](((DµQ†
s

ai)(DµQ†
t

bj))(Qp
aiQr

bj)),
Of

2 = 1
4Y[ p r ]Y[ s t ](i((DµQ†

s

ai)(DνQ†
t

bj))(Qp
aiσµνQr

bj)),
Of

3 = 1
4Y[ p r ]Y[ s t ](((DµQ†

s

aj)(DµQ†
t

bi))(Qp
aiQr

bj)),
Of

4 = 1
4Y[ p r ]Y[ s t ](i((DµQ†

s

aj)(DνQ†
t

bi))(Qp
aiσµνQr

bj)),

Of
5 = 1

4Y[ p
r

]Y[ s
t

](((DµQ†
s

ai)(DµQ†
t

bj))(Qp
aiQr

bj)),

Of
6 = 1

4Y[ p
r

]Y[ s
t

](i((DµQ†
s

ai)(DνQ†
t

bj))(Qp
aiσµνQr

bj)),

Of
7 = 1

4Y[ p
r

]Y[ s
t

](((DµQ†
s

aj)(DµQ†
t

bi))(Qp
aiQr

bj)),

Of
8 = 1

4Y[ p
r

]Y[ s
t

](i((DµQ†
s

aj)(DνQ†
t

bi))(Qp
aiσµνQr

bj)).

group: (Spin,SU(3)c,SU(2)w,U(1)y)
Oj

{Q1,Q2} {Q†
3,Q†

4}
* (1,6,3, 1

3 ) −4Of
6 −4Of

8

(0,6,3, 1
3 ) 4Of

1 +4Of
3

* (1,6,1, 1
3 ) 4Of

2 −4Of
4

(0,6,1, 1
3 ) −4Of

5 +4Of
7

* (1,3,3, 1
3 ) 4Of

2 +4Of
4

(0,3,3, 1
3 ) −4Of

5 −4Of
7

* (1,3,1, 1
3 ) −4Of

6 +4Of
8

(0,3,1, 1
3 ) 4Of

1 −4Of
3

{Q1,Q†
3} {Q2,Q†

4} Oj

* (2,8,3,0) 35Of
1 −15Of

2 −25Of
3 +3Of

4 −25Of
5 +2Of

6 +5Of
7 −15Of

8

(1,8,3,0) −7Of
1 −5Of

2 +5Of
3 +Of

4 +5Of
5 +7Of

6 −Of
7 −5Of

8

* (2,8,1,0) −5Of
1 −3Of

2 +15Of
3 −9Of

4 −5Of
5 −3Of

6 −15Of
7 +9Of

8

(1,8,1,0) Of
1 −Of

2 −3Of
3 −3Of

4 +Of
5 −Of

6 +3Of
7 +3Of

8

* (2,1,3,0) 5Of
1 +3Of

2 −10Of
3 −6Of

4 +5Of
5 +3Of

6 −10Of
7 −6Of

8

(1,1,3,0) −Of
1 +Of

2 +2Of
3 −2Of

4 −Of
5 +Of

6 +2Of
7 −2Of

8

* (2,1,1,0) −5Of
1 −3Of

2 −5Of
5 −3Of

6

(1,1,1,0) Of
1 −Of

2 +Of
5 −Of

6

Table 96. UV resonance of type D2Q2Q†2. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: BLBRD2HH†

Of1 = (DµDνH
†i)HiBL

λνBR
λ
µ.

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, H2} {H†
3, BR4}

* (1, 1, 2, 1
2) 8Of1

{BL1, H
†
3} {H2, BR4} Oj

* (1, 1, 2,−1
2) 8Of1

{BL1, BR4} {H2, H
†
3} Oj

* (2, 1, 1, 0) 8Of1

Table 97. UV resonance of type BLBRD
2HH†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: BLD2HH†WR

Of1 = (DµDνH
†j)τ I ijHiBL

λνWR
Iλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{BL1, H2} {H†
3,WR4}

* (1, 1, 2, 1
2) 8Of1

{BL1, H
†
3} {H2,WR4} Oj

* (1, 1, 2,−1
2) 8Of1

{BL1,WR4} {H2, H
†
3} Oj

* (2, 1, 3, 0) 8Of1

Table 98. UV resonance of type BLD
2HH†WR. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: D2HH†WLWR

Of1 = ϵIJK(DµDνH
†j)τKijHiWL

IλνWR
Jλ
µ ,

Of2 = (DµDνH
†i)HiWL

IλνWR
Iλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{WL1, H2} {H†
3,WR4}

* (1, 1, 4,−1
2) 8iOf1 + 16Of2

* (1, 1, 2,−1
2) −8iOf1 + 8Of2

{WL1, H
†
3} {H2,WR4} Oj

* (1, 1, 4, 1
2) −8iOf1 + 16Of2

* (1, 1, 2, 1
2) 8iOf1 + 8Of2

{WL1,WR4} {H2, H
†
3} Oj

* (2, 1, 3, 0) 8Of1
* (2, 1, 1, 0) 8Of2

Table 99. UV resonance of type D2HH†WLWR. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: D2GLGRHH†

Of1 = (DµDνH
†i)HiGL

AλνGR
Aλ
µ .

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{GL1, H2} {H†
3, GR4}

* (1, 8, 2, 1
2) 8Of1

{GL1, H
†
3} {H2, GR4} Oj

* (1, 8, 2,−1
2) 8Of1

{GL1, GR4} {H2, H
†
3} Oj

* (2, 1, 1, 0) 8Of1

Table 100. UV resonance of type D2GLGRHH
†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: D3eCeC
†HH†

Of1 = i(eCpσµ(DνeC
†
r))(DνD

µH†i)Hi,

Of2 = i(eCpσµ(DνeC
†
r))(DνHi)(DµH†i).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{eC1, H2} {H†
3, eC

†
4}

* (3
2 , 1, 2,

3
2) −4Of1 − 6Of2

(1
2 , 1, 2,

3
2) 2Of1

{eC1, H
†
3} {H2, eC

†
4} Oj

* (3
2 , 1, 2,

1
2) −6Of1 − 4Of2

(1
2 , 1, 2,

1
2) −2Of2

{eC1, eC
†
4} {H2, H

†
3} Oj

* (2, 1, 1, 0) 2Of1 − 2Of2
(1, 1, 1, 0) −2Of1 − 2Of2

Table 101. UV resonance of type D3eCeC
†HH†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: D3HH†LL†

Of1 = i(Lpiσµ(DνL†
r
j))(DνD

µH†i)Hj ,

Of2 = i(Lpiσµ(DνL†
r
j))(DνHj)(DµH†i),

Of3 = i(Lpiσµ(DνL†
r
i))(DνD

µH†j)Hj ,

Of4 = i(Lpiσµ(DνL†
r
i))(DνHj)(DµH†j).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{L1, H2} {H†
3, L

†
4}

* (3
2 , 1, 3, 0) −4Of1 − 6Of2 − 4Of3 − 6Of4

(1
2 , 1, 3, 0) 2Of1 + 2Of3

* (3
2 , 1, 1, 0) 4Of1 + 6Of2 − 4Of3 − 6Of4

(1
2 , 1, 1, 0) −2Of1 + 2Of3

{L1, H
†
3} {H2, L

†
4} Oj

* (3
2 , 1, 3, 1) 6Of1 + 4Of2 − 12Of3 − 8Of4

(1
2 , 1, 3, 1) 2Of2 − 4Of4

* (3
2 , 1, 1, 1) −6Of1 − 4Of2

(1
2 , 1, 1, 1) −2Of2

{L1, L
†
4} {H2, H

†
3} Oj

* (2, 1, 3, 0) −4Of1 + 4Of2 + 2Of3 − 2Of4
(1, 1, 3, 0) 4Of1 + 4Of2 − 2Of3 − 2Of4

* (2, 1, 1, 0) 2Of3 − 2Of4
(1, 1, 1, 0) −2Of3 − 2Of4

Table 102. UV resonance of type D3HH†LL†. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: D3dCH†2
uC

†

Of1 = 1
2Y[ H† ]ϵijH†ii(dCpaσµ(DνuC

†
ra))(DνD

µH†j).
group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{dC1, H
†
2} {H†

3, uC
†
4}

* (3
2 , 3, 2,−

1
6) −10Of1

(1
2 , 3, 2,−

1
6) 2Of1

{dC1, uC
†
4} {H†

2, H
†
3} Oj

(1, 1, 1, 1) −4Of1

Table 103. UV resonance of type D3dCH
†2
uC

†. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.

Type: D3dCdC
†HH†

Of1 = i(dCpaσµ(DνdC
†
ra))(DνD

µH†i)Hi,

Of2 = i(dCpaσµ(DνdC
†
ra))(DνHi)(DµH†i).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{dC1, H2} {H†
3, dC

†
4}

* (3
2 , 3, 2,

5
6) −4Of1 − 6Of2

(1
2 , 3, 2,

5
6) 2Of1

{dC1, H
†
3} {H2, dC

†
4} Oj

* (3
2 , 3, 2,−

1
6) −6Of1 − 4Of2

(1
2 , 3, 2,−

1
6) −2Of2

{dC1, dC
†
4} {H2, H

†
3} Oj

* (2, 1, 1, 0) 2Of1 − 2Of2
(1, 1, 1, 0) −2Of1 − 2Of2

Table 104. UV resonance of type D3dCdC
†HH†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: D3HH†uCuC
†

Of1 = i(uCpaσµ(DνuC
†
ra))(DνD

µH†i)Hi,

Of2 = i(uCpaσµ(DνuC
†
ra))(DνHi)(DµH†i).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{uC1, H2} {H†
3, uC

†
4}

* (3
2 , 3, 2,

1
6) −4Of1 − 6Of2

(1
2 , 3, 2,

1
6) 2Of1

{uC1, H
†
3} {H2, uC

†
4} Oj

* (3
2 , 3, 2,

7
6) −6Of1 − 4Of2

(1
2 , 3, 2,

7
6) −2Of2

{uC1, uC
†
4} {H2, H

†
3} Oj

* (2, 1, 1, 0) 2Of1 − 2Of2
(1, 1, 1, 0) −2Of1 − 2Of2

Table 105. UV resonance of type D3HH†uCuC
†. “*” in front of each row indicates topologies with

nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: D3HH†QQ†

Of1 = i(Qpaiσµ(DνQ†
r
aj))(DνD

µH†i)Hj ,

Of2 = i(Qpaiσµ(DνQ†
r
aj))(DνHj)(DµH†i),

Of3 = i(Qpaiσµ(DνQ†
r
ai))(DνD

µH†j)Hj ,

Of4 = i(Qpaiσµ(DνQ†
r
ai))(DνHj)(DµH†j).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{Q1, H2} {H†
3, Q

†
4}

* (3
2 , 3, 3,−

2
3) −4Of1 − 6Of2 − 4Of3 − 6Of4

(1
2 , 3, 3,−

2
3) 2Of1 + 2Of3

* (3
2 , 3, 1,−

2
3) 4Of1 + 6Of2 − 4Of3 − 6Of4

(1
2 , 3, 1,−

2
3) −2Of1 + 2Of3

{Q1, H
†
3} {H2, Q

†
4} Oj

* (3
2 , 3, 3,

1
3) 6Of1 + 4Of2 − 12Of3 − 8Of4

(1
2 , 3, 3,

1
3) 2Of2 − 4Of4

* (3
2 , 3, 1,

1
3) −6Of1 − 4Of2

(1
2 , 3, 1,

1
3) −2Of2

{Q1, Q
†
4} {H2, H

†
3} Oj

* (2, 1, 3, 0) −4Of1 + 4Of2 + 2Of3 − 2Of4
(1, 1, 3, 0) 4Of1 + 4Of2 − 2Of3 − 2Of4

* (2, 1, 1, 0) 2Of3 − 2Of4
(1, 1, 1, 0) −2Of3 − 2Of4

Table 106. UV resonance of type D3HH†QQ†. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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Type: D4H2H†2

Of1 = 1
4Y[ H ]Y[ H† ]HiHj(DµDνH

†i)(DµDνH†j),
Of2 = 1

4Y[ H ]Y[ H† ]H†iHi(DµDνHj)(DµDνH†j),
Of3 = 1

4Y[ H ]Y[ H† ]Hi(DµHj)(DνH
†i)(DµDνH†j).

group: (Spin, SU(3)c, SU(2)w,U(1)y) Oj

{H1, H2} {H†
3, H

†
4}

* (2, 1, 3, 1) −8Of1 − 48Of2 − 48Of3
(0, 1, 3, 1) 8Of1
(1, 1, 1, 1) 8Of1 + 16Of3

{H1, H
†
3} {H2, H

†
4} Oj

* (2, 1, 3, 0) 16Of1 − 4Of2 + 56Of3
(1, 1, 3, 0) 8Of1 − 4Of2 + 8Of3
(0, 1, 3, 0) 8Of1 + 4Of2 + 16Of3

* (2, 1, 1, 0) −24Of1 − 4Of2 − 24Of3
(1, 1, 1, 0) −4Of2 − 8Of3
(0, 1, 1, 0) 4Of2

Table 107. UV resonance of type D4H2H†2. “*” in front of each row indicates topologies with
nonrenormalizable vertices. The UV resonances colored in gray are eliminated by UV selection.
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